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n 5. I. i 1Qubiit me aliquando, generationem variarum conoldum ſphæ-
l

idumque animo penſitantem, cogitatio, nonne, ſi tales in I lii

ſis applicarentur ſectiones, quales regulari, IE
one prodirent determinarique poſſent lineæ curvæ? Sectiones

lnes poſſibiles in corporibus, terra lutoſa in hunc finem a me

touſectis, inſtitui, ſed quid harum ſola contemplatione confici 3i l
Mit? Cum igitur harum ſectionum puncta geometrice ſ iſ

llli Iitl tiu
ſeterminare aggreſſus eſſem, graviter oſfendi in linea

liſ
1 Vam generantem indeterminate ab diametro aliqua per
brolongatam chordam ſive ſecantem deſecta. Satis diu hoc in Hll ill
tloblemate hærens recordatus ſum animadverſionis, quam in le- a n

jiMtionę Celeberrimi de Ia CHAPELLE in methodum ejus univerſa- il J
a) determinandi

Huutitates cognitas, qua mihi lux illico oriebatur. lli
il ll 5. IL. IEtenim recte quidem conſiderat tangentes uti ſecantes, ſ ſ
n:

ſorum puncta interſectionis puncto confluunt, i l

A2 in In libro ipſius (Ahhandlung Kegelſehnitten) li
ſtanspoſito, pag. 83, 278, 406, 40I.
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4 2xXr O 2tin applicatione hujus theſeos non parum oſſendit. Putat ſecantis

TD fig. I. puncta interſectionis D, ſi TMD in T quaſi cer
tro moveatur verſus ſiniſtram, ita confluere, ut D, quod mover
do magis magisque accedit ad M, tandem cadat in 7, adeoquè:
ducta ordinata MP, ſubtangens prodeat PT. Sed ſallit omnſ-

neque enim hac ratione confluent puncta, neque ſubtangens

erit PT, ſed potius illa in puncto aliquo intermedio N corr
fluent; hæc erit =TX. Primum enim, ſi movetur Tll
circa T, omnia ejus moventur puncta excepto centro T, adeoquè

etiam movetur punctum interſectionis M, quidem appropinquæ-

t's cu

aas 33 --7]3-usque dum ceſſet ſecare curvam, hoc eſt, donec in tange-puncto applicata. Patebit cadere movei-
quieſcere G, adeoque, duct-

Wiiordinata P, prodire ſubtangentem  GP. Sit PB æ
x; PT æſ; TG /EF; Calculus hoc modo procedet: ar

prodiret centrum oſſumeretũ-

N præl-
aut in T, aut in M, aut in D; ſed M hic magis ſe no 1
bit idoneum.
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BD:: PI' m U d)»: ſ adeoque
x a: x æU+ d»: ſ ſive
a: x  oſ a:: ſ Ergo
dſ* æ 2ſx  dx
ſ? aſ/ dx; R)to inſo autem momento, quo TND fiet tangens, evaneſcet a,

ũeoque d  o, ſimul erit  /ſ  E In æquatione æ igi-
Wr notatis hisce mutationibus, mutando ſ in J/F delendoque

quod ductum eſt in erit
 —Eg)y =a2x.7EF adeoque

æ/ 2-.

5. IV.Et hic ſponte ſe mihi obtulit linea illa indeterminate in T
Sſecante THMD deſecta, cujus determinatione hæc noſtra
ſerar diſputatio.

5. V.Nine demonſtratione patet, tangentem GMD in ſuperioreHunio interſectionis

Holongati partem, abſcindit; majorem
Hitem alciudere interſectionis
tuntum D ducta portiones prolongati, quas
entes atque puncto ductæ,
O r

tlunt, vocantur ſubtangentes. igitur jure, lineæ PB

ubtangentes nuncupantur, nuncupem lineas TP TB SVESE-
NtEs quidem majorem, autemũle cliam

A E] ſ quan-
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6 2>t 2Xl33 ll ll nJ
quamquam quidem TN proprie nuncupari ſecans non poteſt, tæ

habet ſecantem majoris pars eſt: autſ

ll Maior ſubſ. Maj. æſubt.H

l

l

Il l brevitati ſtudeamus, ſit Subſecans Subtangens

iſ ſ pt 8
t harun

Faciamus itaque periculum, nonne determinari polquantitatem cognitam? Sit DB 7*

MP y; AP x;3 B TGæ*VF; Parameter axis æſ
itaque conſiderari potelt

cujus quasdam y, ſive y ſempet

ſcilicet m aſſumtò:
n

irrationales; genere qualen-m

a. iti i
x ſen-

J P l

n n ntergo px =L32  up, adeoque x æ}9 v. Hocelt

m m mdutæ multiplicat
ordinata eſ pat-

majoris

habemus ſimul
vid. ꝗ VI. adeoq”

TBBut
B

i  23. Conſideremus nunc triangula ſimilia TũP j
m
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E: 5y æ ſubſ a: ſubſ è. Eſt autem v =2; ergo etiam ſubſ I ain di ill

Him
m

jſi
i

ſ ſill

jſl

ſb. æ v +5 vw+E A ll ll
i m l”R D ſubſ æ;

n m -nm
n

aé€”m ſubſ. 2 E;
m

ſionn ſubſ. a æ u  mE lllEm

Và ſubr. a u nę B) ſ

btituto valore pro ſubſ. ex æquatione 4 in B eſt

,n- m nſtã /v atV ſivem

(m  n)E mDV(m n)n/vvovmvAvpv-2 V.

mNſe determinavimus nempe +2x.
beoie
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5. VII.
Exemplum I.
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10 z2t O 2Exemplum V.
Sit æ Vias;  ViI6VS, 38; reliqua vid. Ex Il

m V200 væ5.vs
vqSit æ V85: mV7 V5 /Dn2 V56,; erit

ro vę 5

Elli 1 I-2 Vã x  w;

6tore denominatore ducto in v630 3 vo35; v 63u-

63

sut à 5 o, ũot ſo3æ5).
633 vb3r I Nt 1V/ 763 æ3 ãv63 3Nt S aſſumimus valorem ſubtangentis

o. l1n æ llvenimus. Nam ſi rL
n
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5. IX.
cundum æquationem A) VI. eſt ſubſ. æ

GSEB.

5. X.

m

TA æm m+n

Et ſe

Subt. 2.  Subt..

 AG;Sed 4BGF PB.w
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 I  BF;

Adeoque T. TBnu;
Hie m

5. XII.
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hisce proponam. Sit m5 æ D; m +n æ/ S.
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Xt  ZX2X6 I55. XV.Ex quibus iterum ſluunt rationes aliæ:
Collatis ſcilicet rationibus I. 5. Tab. I. 3. Tab. II.; habebit ſe

lbſ. ſubſ a ſubſ.a. ſubſ. 82x; ſive
AT w æ x: AT; adeoque 4T- /æ x.Et coll. ultima rat, Tab. I. I. Tab. Il. erit

ſubſ. ſubſ. a æ FT.
5. XVI.Quod ſubſecantes diametrorum attinet, æquipollet, an ſub-kcautem ad ordinatam majorem bd, ad ordinatam b quæra-

us. Etenim ponamus prodire pro alterutra aut majorem aut
Rinorem, ſfalſitas ſi efucebit: ſi ſecans uò abſcinderet
a majorem diametri portionem, dnò; eſſet

E: b  p& v; b +7v
m: db  p bS; ſed X up

db blleome etſam =PS æſſe deberet, quod maniſeſto eſt

huilitm  b +rNſnorem abſcinderet;

uUp—rr:  æ/ p 1: 1vV
m d æ p :'b adeoque
nò5 P/ ſoret, quod iterum eſt abſurdum. Ergo

t b v majorem, nec mſnorem alterutra poteſt abſcindere diame-i Portionem,

Sare ꝓro

S XVII-



5. XVII.Facile, credo, mihi nunc ignoſcetur, ſi de ſubſecantibus a-exhibeam; quisque enim ſacilè

perſpiciet, analogiam cum illa ꝗ. Vſ
plane eſſe ſupervacaneam. Formulæ itaque rationes propoſit?

quadrant diametrorum acabſciſſas iplarum majores, ſi formulas ſecantium tangentiumò

d ſcale
excipias, quia ibi de coordinatis rectangulis, hic autem è
nis eſt ſermo. Pro ſecantibus igitur quæramus formulas.

Abſciſſa ab ſit parameter =7; ſec. Su?  m ſec ò)
1m ſec. B; 5Ad æ 20a ſec. a; A æ 20 ſec. ſ- (ſubſ 1) 1829b. h. (coſ 91 Y
s w bi —om+n, Vũn coſ, 9t)

 un
9DIrm4n, n n"wæ 2ammtum (vn). coſ, 9L

m: 4æ æ m nV(nn) coſ. 96 æ ammnn+

m:

Itaque 1m ſec. æ. ãtc
rE

VIv7@ (w7æ) coſ. 95 æ 2mu4nm5
m

æda ſec. æ 4

—uvſvæ Vn) coſ. Sbd æ m ntntn nſẽ
m

Ade?

Luſul-
ę) vid. Celeberr, KæSTNER. Trigonom. 20. Sa2. nr. 35. ſ:
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i

(wm +Vwnæ. coſ.... +m mtn)un ſQ /m-n;

Ili il

Problema. S. XVIi. liliſiHce functiones Iti
HEES

m: l iſt Eſubſ. 3:,  /m+n: mn+vVn. coſ... Fvm+n
h Jm

(mm +vwnæ@, coſ... +vm+n)n EBESESEY
i

n:, //mtn: l il lm: l lltl Fl
olutio. iata uhicunque

Hcunque

lHrallela ex puncto l
i

e rdinatam

r

titem voco,
im. 4. Conſideremus

l ſ cadit ordinata inſra 4.
i i
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18 22t  XtSit ap m 3; dp =æy; db /3; parameter diam. æ 7. du
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tangente ugC ad u erit up: ud æ gr: CA4; up æa

ergo g-y A. CA æ x; ergo gr =æ 23 x.  ix

p 2
4

v: ua æ p: 4p; Ergo PV /223x

2 2
x ntg0 9 ap æ2m 2æ &2 w; Porro
4 4mn vn (en +nimnm. v.Au m x +5v æ um  Jm me mezon +pmnt. w

4ma
5Itaque up æm Ap m y'=æ

int +pm* :1 7: 1; nam 5vyæ)mun:ni
mv: r æ (n pmt ne &w anmin nu+mſ,

Ln

4m* nw
n

adeoque mm
l

Porro ord. B): ſec. B0  ord. a?: ſec. æ7; ſive

n. C)i hn: OF LæY
quæ collatis 55 XII XIII. ita exprimuntur:

q) Sed w æ 4x V ꝑ; vid. DE LA CHAPELLE pàg. 1255-
que Aum  pm Omuinoæ Ibi vero ordin.

ã illud,
ctuma, ubi diameter curvam intrat, hic autem a

ordin. 4æ cum curva vergit, eſt ducta.
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om>

ſubt. a æ g

2  tang. a axis

no* w4pw. 2am3ꝗ' æ

 7æ
rrD2D9N2pDp

amn am3g"u
4m i 4m ã

61n1z3mm 9n*
4,

v vid. XI.
am— m& m—2 ~ſ

ũ
4m

2m? 4 11mnqo”?*,

4m

4w- pi ng ætang. æ? ug
4

2 Danimn. ;m 4+wm4n)v tang. B

4

tang. Iæii

€”$—mv(/m vm ;n)e
4m

am°

nam up u4 æ uV; uri ilv



)æ/A/3m

ec. /4 ax

yn*w
n
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nV+n

ma

mm +wmA4n)w

Vaz; itaque om
2

v; Porro v: ſ

G;m wi

4m4

Tabula IV.
trorum in ſe ſpectatæ, quidem ſi

Xt& 2
Pu—ttuai ergo V æ Em æ

b

nm
Vpw; om æ 2n-

am
4n

an m)
MDN 2 Vvp: oſ; ſive4mẽ

ona o5 æ

Rationes functionum diame

ordinatæ ſipra verticem axis cadunt.

m

2m323mn

m

6m  13m1+ 9n

mgzn)
m

 m

 m

I

42m 11§m—qn?

tang.D 2
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tang. a

ã

tang.

bæ]

ſubt. a

ſubſ, æ

ſubt.

ſubt. à

ſubſ.

ſubſ. æ

ſubſ. B

tang. f

tang.

ll

ll

EV

Ob nimiam ſormularum
nolui.

m

0992z1Ir

2—in

m

n

longitudinem plures rationes pou

2x

H

J

(Qn—i)}ſ vnẽ4w nA+
 i

m? 4v+ꝓ)
2

LI

'E

 2ſam»n) 2

4m+ p)m

na2 u2nm (um +iwmtn)
op-—

zmi

23u 2m
(2m—a;7m)-

6m  13mI qn'
J— uil

m

m

m* 13mm4- 9n*
Jxi

am

40+p)m

2

n

et?
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Tabula V.
iam. ad ſubſecantes axis

2  2t
pro coſu primo,

Rationes functionum à

m-—n)m

an

m n)-
21

m  48) n
4€m

ut

nun(415 +p)

ſi ordinatæ cadunt infra A.

ſubſ,  diam.  nn;
2

n a 2l}
mn

HEl.
2

 ũ&
C

ng.

a tã
3

ſubt. B

Subſ. à axis

n

2

n

»n

ſubſ. 3ſubt.8æ/

4n
b3

&om—mn2m4unt)

Subſ.

4n
(pm æ n

ſubſ. ẽ

i

Subſ. æ axis
E
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ſubt. à n

PLE; 2m n NEE- n 2mmn)nE il J———n l I ſ 2mi (m 4n)
Lillta-/ b}] 4m3

b

rrv ;s§7n n v  n -}YL4m

M ſubſ, 8 —ſubt. B æ/,,: (m —n)n
2m

»n ſubſ. :1 (onmn4m

n :m (amm,):
4m

i 3
T am—mn) pmĩitu

n l m wn))?»n mu
Tubula VI.

Pro caſu ſecundo, ſi ordinatæ cadunt ſupra A.
ſubſ. B axis: ſubſ, B. diamm m+n: 6m33mm4ꝗ-

4u

n a
n

ſub
nls



a

(m-u +u.mn)

ſſubſ.
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D

wm-tn)m
4nn?

]2

iw-

4m

n2
z

(rm
4m 3

nnon
l

45-+p0)
_rv v-m—

4m

2m +1I
4

n—;nJ— u

4n
m*

4 n

(m—;au)q

4n

m* p4n

6m 13mmqn*

n

m?HElE
28B

(Qm

m

 m+tn

2n

n

n

22 O 2ſubſ. æ axis

E]

m

ElllE]

E]

n
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32 2t 2ſubſ. æ axis: tang. æ? diamm æ n4n; n.4+?

 om* 4 17mn
Hiã

4m

2n y
(omaqn):J—i 20 74m
m

P

4

ny mngz"34m

n  5 m+n4

5. XIX.Progredimur ad determinationem ſubſecantium elligſeos

ni
Sit AP x; AT æw, AB 6;3 NT æ23 MPæ4  ꝑ
ST æſubſ. a3 SP  ſubſ. 0S E; Quia 47: 2 (u)w (ao —x)æx:y? æa:p; vid. CuarELLEPS

Ergo OG  AG PG "—2x 5deoqu
z 2

a,  2x a4 2 2002x)
5. XXXI. æa*Subtangens OP itaque OG— PG æ 2G—2%) 3,



2 33(625) (o29 n 45x+ 450 408:iæ*
208 2 22x) 2002x)(x) ox
2x li

5. XXi. a xX 2YxItaque O4 æ ſubtangens x =/-A——m 4v-x
o2x

ll

Ax 2x ax 2 ax
lli9————ma—tnox a 2x

5. XXIII.
Ob ſimilitudinem triangulorum SPI STN eſt v: æ

n
hb. õ: ſubſ æ35 autem 2; adeoque ſubſ. 8Lſubſ. æ

I mmn

n

 quia r: æ (æ) x: (a u)yw; erit etiam ſubſ. æ*:

B
m ſubſ. æ (au)w: a x)x, adeoque x)x æ
u)un que ax-x (o uym ſive xX*  ax
v:

 u) (w u)n:u x* ax ;00  200 adeoquem

a (aw w) nice extracta: 4=vvVQe

2 ll m Ji5. a Vam iſc3awut) 4m) amvſa?m-ta-—u)4un]
—te-

mz 2 am

ꝗ. XXIv.
ES

Determinata abſciſſa x, ſubtangens OP æ x)ax iu
a a22x

-qamvtm 2u uv) 4un)i expreſione prodit a
NEEE

Hl L onuE (am
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5. XxXV.
OT æ ſubtang. 8 V vx  u) 00 L u-

ma:,. i

omvat...) (u)qunt-t Qn—omvũ. a'm ul
L

amvatbmt..
am 4 v—oynva*. à“m+ v—:no) va*

2amvũ..) ”voR
5. XXxVI.Hinc ſubſ. OT  5 9 am+ (aev—a.. Ly; ſit]

aa}...
ſubl. a ſubſ. B OP 5 mi)n L; ſubſe2.æ

m ar m

~(mn)aun E+ſubſ ()aun vę. B quia æqu-mat,.. n vat... n

(a—m) 2un
i

n

vaè.. n a..
4E; n—nę u*m+ (2 )y ve..) (ou)a;

2qtE  Iadm—o n)qwn  (wqa) vaæ,.ſu
L]

—navaæ..

tio 422; erit etiam



5. XxVII,Determinato Z ſubſecans 8 5 erit æ ſubtang. OP g
u)2n anu4 Laæm u)qun (20 a) va? n
u 4n° i=n ſ(a*m (m)qun v—a*

m—mn 2?§?/a¢.,na. au.
mumn 2va°

l

Cn+a0ova  n— ý,
m——mn 2é€mvyat..

5. XXVIII.Subſ. ſubſ ẽ v2x
N n4+ 20a va].. moauu 4u0m n I2;m—a. mn+vat

o0]ou —u
LUI

mamn 2€?!?a? 2mLEU —t E C CE PP-Pmmr n—mn gmva,na —amva... F umn AumAnaiys

—AH-
nu amva].. -ma

amvaæ...) afmt v) 44n°
E—————mm 2vat.

5. XXIX.Spatium ſuadet, ſubſiftere in paucis hisce formulis pro ſub-

n

Mantibus Ellipſeos

Mri igiores quærere Reliquum eſſet ut ſ br
H] f u ecantium Hy-E ſgnis

E 3 5. XxXX.

mn amvya... —————u

m—F.æ

nu



L

liſcãiiiu
lti

IL

Ilãl 36 2t O 2XI

4 I 5. XxX.ſ
temporis anguſtia me ita conſiituiſſet, ut de applicatione notatu

lli an t ſſ Q d ſ ti es corporum 5 I
niſi

Igni ur I adqji cere po ui em. uo ec onmemor. attiner, ſubſecantium adjumento adhuc nil novi reperſ
Pedem itaque hic figere me oportet, de applicatione novæ hujus

t heſeos alio forſitan tempore dicturum.

ll] lſ l J————c ſ—;; I———;
iEll THE S ES

i- ſl Nll I.lllUNE

r Hſ Formula n hactenus ꝑro dimenſione polygoni infinite purvo-
E———0l LEll

laterum, cirenli inſcripti, uſitata ſeilicet r ſignificet radiuin gireu-

l

laterum) exhibet guantitateſ

li
i

EE areæ polygoni n laterum, ſed polygoni 2: laterum,
ſ lI.

T

polygoni cirgulo jnſriſ-

v

I

lllt li secundum rigorem geometricum talis.
i III.

i .l

ſyſiema LamserTt iii

i il lill lqu i ſunt ellipſes, ſed lineæ cycloidales,
l lillll I

l l. ſerien
Iv,ll

nuncupem lins&

li lli l I I ſ I4

TrT EſE x 4 x x x x xi ltt nuncupo lingarem.
LBl llll v,FSſl I l

Vl Ellipſis eſt ſectio
j l

a l lNlil
l

1. Coni
a) in infinito convergentis, ſive Cylindri, VbB) in finito convergentis, ſive regularis. Conoid



para
B) hyp

3 Spæroidi

VI.ParalleloPlicatio.

ViI.
a

Dumer
Non d

Eatur

Axis in

Mæ jum
te m gno.

Corpora

m in Te

——N

ner:ton eſs;

E

s

dendo

ſ-

lomin,
r-

 nosit obſ

To dant

dec.

dec.,



Ju ill

22 2tdec., ſecundum j dec. tertium 3 dec. quartum etiam; dec,; con-
mutatio erit juſla.

XVI.Dimidia fere pars incolarum Lunæ Inſigni caret ſpectaculo, Terr*
ſcilicet diſcum per ætatem nunquam videns.

Animudvertenda.

Vbi expreſſiones V C )w occu t ſ Ii factorem
I

pag. zo. l. 4. leg. æ 7: ib. lin. 9. leg. ſot æam; ii lin
VEi

penult. leg. (~ant
 -4:

ma

PRAECLARISSIMO ArovE DOCTISSIMODOMINO CANDIDATO AVCTORIL
PRES ES

s.  D.diſſertationem Tuam offerres, non permj-
n

ut attente illum perlegerem, hinc TIBI, auditori meo in diſtiplinis-ſemper ſolertiſimo, objicere quo minusitè-
publiti juris faceres, qualem elaboraſti, fretus ſtientiæ hoc sſudiori

ſpecimen analyſi magnos ꝑr ofelt
feciſſe: ſolviſli hujus quæſtionis. tangas. niun I&-

apprecor, fauſio omnibur Tuis
meorum& bomroſ

omuium ſumma eft. Tubingæ 25 Aug. 1779.

oo ſ,:



Ad s5. Ill ſeqq.
Neſcio, quomodo evenit, ut æquationem ſ?  oſ dx;

V: IIl. memor. attentius conſiderarem; cum enim ultimæ jam

DPaginæ prelum relinquerent, demum mihi in mentem venit, va-
lorem pro s etiam ex hac æquatione facile poſſe erui: nam

I  aæ dx; ſAaſ x æx? dx;  x
œ+aæl ſ æ æ VI&+vu Xæ; &æ æVsæ);
atque ſic gaudeo formulam generaliorem pro ſubſecanti TP oppor-
tuno adhuc tempore eruiſſe, quoniam altera magis habet formam

nàuithmeticam, quæ prodit, ſi pro æ ſubſtituitur valor v;
m*

 temporis anguſtia veraret, plura lubenter adderem.
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