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uum hac eftate Elementa Analyfeos finitorum Keftneriana fatis magno

Auditorum numero explicabam, accidit fubinde, ut evolutic
diftin®ta quorundam problematum, & ipfa calculi adminiftratio nimiam
horarum feriem infumerer, & diutius nos teneret, quam quidem ab
initio nobis erat propofitum , confultum duxi, in his paginis ea uberiug
exponere, que Celeberrimus Keftnerus fuccinéte, ne liber ejus in nimiam
molem excrefceret, & breviter exhibuit, habebunt ita Honoratiflimi Do-
mini Auditores inftrumentum quoddam utile, quo in repetendis preele-
Etionibus meis, & fecandis qui in profundiffime conferipto ifto Tibello ob.
venire folent nodis commode uti poffunt, mihi vero idem labor inpo-
frerum infervier, fi de novo iftius Analyjeos interpres fuero, ur cum di-
feentibus quibus haec fpecimina aq manus {unt , celerius progredi licear,

Az FElementg



Elementa Analyfeos finitorum Keaftneriana
& 13
- = ey a?—xixt—a’ - &

X
L o tea L el Sl Sl LG g
;‘*:? Y, x* + X3 x4 + x5 &e
Ergo .
1—xfar—xifat—xt &Ko = 1

sit progreflio geometrica
8 ea e*a e*a (A esa,
in qua terminus primus 4, & exponens e, hzc feries fi per exponen-
tem e unitate mulé&arum 1. €. per e —I multiplicetur, produ¢tum erit
e$a — a, adeoque fi e®a — a per ¢ — I dividatur, prodibit iterum
(eries & ¢ e¥a €38 ‘e*a €a = ¢°a —4

e—1
§. 110

Tl e e e L

e el g* i)

in hac ferie exponens eft — I & ea abitin infinitum, hinc fumma erit

b

¥oig drlgd o I

9 y 1+
§. 163

In Figura 4. ubi DF fecat lineam BC, notetur interfetio litera 7, &
habebitur , pofitis denominationibus Keftnerianis -




nen-
erig
ram

erie

I;&
CE

PE M ORDE
CE : EB = CF: FL
vV —1k?) : Fh=v(r*—z1c) : 71, erge
FI = Lk.V(r2 —1c?)
= V‘(r: _%k:)
DI = j¢ — 1kv/(r* —1c?)
‘,/'(rz__i_k:)
€REY- OB —=2GE: " Cl
Vi —Lk?) 1 r =12 —Lc?) : C] hirfc
Ol = w/'(r* —%c?)
Vi(r2 —3k*)
EI D = GEDG

Wt —1c) ¢ jo—3hvi(I —1ct) _

Vi — i) sl (e

: V(> — 1k?)
hinc DG = V(2 —2k2) — Lk y/(r2 — 1c7)
i

& DK = v/ (1> —3k?) —k(vri—1c2)

DK = ov/(4r® —k?) — k(472 —c2)
VAl —c?)

ar
EC : BC = DG . DI RS
V'(4r*—k*)-: r=21ph : rh
VGr—

EC : BE = DG:GI
/(41> —FR*) : th=1h: bk
2V (41°—k*)
CI = 3v(4r*—b%) — pp.

2V(47*—k?)
A3

GC — QI =



& R M ORR

¥t 3k = 1/ (41" —}2) — bk t V(412 =B e pp
2 (g — ) 4" 4 =)
DI4-IF=DF= b
V(4= —k?) 47 4ry/(41* — )

DF = (41— )} - kw(4r’—-b’)(4r"—-k1)

47V (47 — k?) 2
DF = hv(gr»—12) 4 k(412 — D%

e
2DF = ¢ = hv(y*—I*) 4- RV (47> —b?)

‘ ar

Ex §§. 163. 164.
fit 2h = fin. &, & V(1 —1h*) = cofin.x

o= finy & v(**—1k?) = cofin.y
erit
DF = {in, (x4-9) = 3hv'(r* — 112 4- Ikv'(r*— 11%)

r
fin. (v 4-9) = fin. x. cofin. y 4~ fin. y cof. »

§. 175.

§. 201

Elegans occurtit redutionis fpecimen

Y+ th)yt o textf = y4(ex+-B)yfyxtfeato

& fiet operatione ipfa inftitura

(y—o)e

i

S
v
E




el

(0 =ge X -€)(e-e)| M (e—e)? rfzfete)& -f)
MEOT malaalony, * Bar oD & o) & o=f)
OO ) SOl Raaarer R b KO0

Fab-B) -0 E@a)b(ee)|s w(l-Bblee)| FE—AS
E(a-e)e } ’i‘a(b—lg)(€~€)[ w2(a-a)(b-B)f]
F2(a-2)b-B)) i (0-LB)b (y-c) | &*(b~ﬁ)=e}

#(a—a)? f :

M(a-u)(b-ﬂ)EJ

H(—B)2 ¢

§ 262,
V@ + v —3) + V(2= —=3) = v (4F2v'7)
Dem,
Sit V—3 = X, erit

V(2= &) + v(2a—x) = quantitati fammandes
Ponatur vi(2kx) = 9, &K Vi(2—a)=3

£rgo
2+x:yl ‘V‘(Z——x).::?
o WLy (/] Vi k=g
o e Vi4— %% =2y
4F 2307 =y 2 92 he? 2V (4 3) =2 29

V(4F2v'7) = 92, ergo fumma iftarum quantitatum imaginariarum
eft realis, & produdtum 1 vk v (2% V3) K 1RV (20— vV —3) =
Xk V(4R 2v'7) B V7 pariter reale:

§. 310,



§. 310,
Sit xm, & x abeat inx4-¢, erit
A m m=—r 3 M o— g
(x+e¢) = x 4+  mex 4+ m. m—1 e x
I I.2

Si prior feries ab hac fubtrahatur, habebitur
m m me——I 2 m—3
) of 3 Me
(x4e) —x =mex dmm—1ex m.m—1.m—2ex :

I 1.2 1.2.3

abeat iterum & in (x-e) erit

 me—g me—g me=—2 2 me—3
(x4e) =5 hy + m—r1.ex +m—1.m—2e¢ x
1 Dol
m——z m =2 m-—3 2
(x40 = x +m—2 ex +m—2.m—3ex
I “:‘—'A"'
me=3 m =3 M = 4. 2 Me—=g
CEN)) =& + m—3 ex +m—3.m—y4ex
b4 .8
&c. & &c,
M1 me—TI 2 m—2 3 m—3
(me) (x 4¢) = mex +m.m—1.ex + mm—1m—2e X
LR Bl
I 1,2 .
2 2 2 m—z 3 m—3
m.m—1e (Xx=4¢) =m.m—I. € X +m.m—y.m—2e¢ ¥
AL 7 RS e b S
1,2 I 2 1o
: 3 . =3 3 m-3 4 mog
wm—1m—2e (¥F¢) =mm—im—2ex -fmm—im—2m—3¢x
Tl eviate SE ek ot LT e
PRSI ) 1.2.3 1.2.3
. 5 o 4 m—k
m.m—1.m—2.m—3 e (x4¢) = Mmm—i.m—2m—3 X
T.2.3.4 : LIS

Subtrahatur heec feries 4 prima differentiali, erit




3 m—j 4 Di—g |
) Jm m—1.m—2ex 4+ mm—r.m—2.m—3 ex
::‘2 1,2+3.4
M—g 4 m—g ma : ; |
‘ L o T A =g e 4+ =1 feries differ. ‘
I+.8.3 .4
e 3 m—q’ § m—j
=3 Sm—im—am—3ex Fm—i.m—2.Mm—3,M—4ex
x.z,; 1.2,3.4 |
|
3 m—g§ 4 m—¢ |

Yo |

St m—2m—3m—pex dm—2m—3.m—4.Mm—5 ¢ X

1.2-3 1.2.8.4
= 3 m==6 4 m—7
m=5 +m—3.m—g.m—5ex dm—3 . m— 4 1—5 .m—6 € X
BRI a4

» 4 Mm—y
vm" +m.m—-r.m—2.m—3 e x
? 1,3.3

% 4 =4 § Me—g ‘
:xm 3 dmom—1.m—2.m—3e x + man—1.m—2 M3y € %

Lkl X.2.2.3

-4 § m=§ 6 m-6
e"xm +mm—T M2 m—3M—h e X AT 2. — 34— € X
; 1.2.2,3 L.2,2.3.3
4 m—~k
X
B m.m
F
1
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1 .1

abeat denuo

M2 2 me——2 3 m—3

'
;,‘ %
i m.m—1.6 X +m.m—1.m—2. e x

1

l

4 m
mom—1.m—2.m—3 e (¥=-¢)

I.43

i

4 m
1 m.m—1.m—2.m—3 e (xX--¢)

2,2

— 2

3

3 m—3 ]

m.m—I.m—2e X S+ mom—1.m—2.m—3|
T Plgkey’

+m.m-—1.m~—z.m—3!

! m.m—1.e (x4 € =m.m—1I.ex +m.m—1.m—2 ¢ x
| ) 4

! 3 me—3 3 m
m.m—1.m— 2)e (x}e = mm—1I1.m—2e X
|

J

fiat x = x ¢
3 me—3 3 m
m.m—1.m—2 e (x4e) = M.—X.m—2 €X
4 mr—g
mem—L.m—2.m—3 e @Fe —
@ me—4
m.m—1.m—2.m—3 e*(x4¢) =
1.2

4 m—g

4
m Mo 1, M—2.M—3 €X

m—4




oty

Jm.m—1 =2, m—3) 4 M4

WO b, R

a8 feries differentialis ! ‘

+ m.m—1 m—2.m—3.m—=4 ¢ x

§ Mg

1.3 rex T
+m.m—1.m-—2.m—3
2 A
xinx e
4 m—4
+m.m—1.m—2.m—3. e x
1.2

4 Me= 4
+mm—i1m—2.m—3e X

+m . m—1m—2m—3.m—4 e & *

1.2,3

§ me—g

4 m—y
m-m——l.m——z.m—g e x
el Sl ESERE S

+ m.m—1 . m—2.m—3.m—4 ¢ x

d,2
5 m=——j

1,3

4 me——gq
MmM—I.m—2.m—3 ¢ x
s R

+ mm—1.m—2 . m—3.m—4 e X

1,3 ‘ l
5§ me—§

S.2

2,2

= feries 3t differentialis.

‘

4 me——g
+m.m—-r.m——2.m-—3 ey

4 Me—y
MM T.M = 2. m—3 e x

4 m—ey
M M—=T.m—2.m—3 ¢y

e —— e T e
1.2

v}; &c. = feries 4= differentialis.
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1 Diff. 2.
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Differ, 2.
5ol
2,,-1:; 50O
5O

1
|
l
? Differ. 2.
}
i
|

WD A, RS
Diff- 4. Quadrat.
111283| 3095920881
111285| 3096032164
111287 3096143449
111289 30962;473@

3096366027

Differ. 1. Quadrat.
222568| 3095920881
222§76| 3096143449
309636602§

222584| 3096588609
222592| 3096811201
Differ. 1. Q]adrat.
3095920881
3096588609

333891} 3096922500
3339091 3097256409
Differ. 1. Quadrat.
§6435| 3095920881

! 648 3096477316
559485 3097033801
§56535| 3097590336
F56585] 3098146921

Applicemus hanc theoriam ad numeros fequentes

Radices.

55641
55642
55643
55644
59645

Radices
55641
55643
55645
55647
55649

Radices
§5641
55644
55647
§5650
58653

Radices
55641
55646
§5651
75656
§5661

Dig,

24




Diff, 4= IDif£ 3@ J
i €] 24—| 4: I
10
: ="4I 132 I
A
Diff. 4. Diff, 3.
g8y 9%
1344
2552 384—, 1728
384] 2112
Diff. 4 Diff. 3
SN )
1944 6156
24.3%* = 1944l 100

Diff. 4. IDiﬁ. 75
I;oool 28500
;4_,745 15000

xfoool 73500

Did,

TN

Diff. 22 | Diff. 1= | Biquadrat. Radmb
65 16
110 Sr 3
175
194 ; : l 256 ]4
369
302 ‘ 671 l i) If
434 110§ ;Z(’;i g
il e SR
Diff. 2. 1 Diff. 1 I quuadmt IR adices
800 240 2;6 Z
1040 4
1760 \ zggo l 1296 l 6
o ‘ ; 4056 8
4832 90 10000
6944 10736 20736
17680 38416 l 14
Diff. 2. |Diff, 1. |Biquadrat | Radices,
2862 609 16 l 2
7074 3471 622 ‘ ;
13230 10545 o
21330 | 2377§ ! e \”
33 38416 |14
31374 ‘ 4510§ 83521 |17
76479 160000 |20
Diff. 2 ‘ Diff. x.’ Biquadrar ,Radices
15950 2335 el
1833§ 2401 7.
45439 I 62785 l 20736 'rz
87950 1 t5op35 l 83521 [17
146450 | 297185 234256 |22
219950 , $1713§ l 31444 |27
. B 5 1048576 |32

Diff.
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Diff. 3. lDif{ S D) 4 Cubi | Radices
66923416 | 406

5 ! 495727 1 Ds
6, 2 | danres o741 E 497 i
2448 00617 67917312 | 408
1.2.3 = 6] 2454 | 529707 168417929 | 409
6| 2460 503 /I|639zrooo 410 Sit
[ foffg 169426)'31 41[ ;_a
erg
Diff. 3. 'Dif{ 2 ‘Diﬁ". T I Cubi | Radices 1g
{ 66923416 | 406 Iur
48| 9792 Iggjggg 7917312 | 408
: 9840 3 68921000 | 410
(S0 =y 1013528
| 9888 | [o,5416]69934528 412
48| 9936 | 105330, | 70957944 | 414
21771991296 | 416
Diff, 2. Diff. 1. Cubi | Radices
66923416 | 406
I I
IGzl 22086 [4??(3 68417929 | 409
22248 §16§599
6 3’———162\ 1738847 | 69934728 | 412
. 22410 | o625y | 71473375 | 415
162] 22§72 | (ga070]73034632]418
74618461 | 421
CU‘{
I l Cubi | Radices e
66923416 | 406
9360 | 1997784 )
6-4’=38*\ G744 ‘2036944 S8 gadbo0 e In
384| 20128 |2076688 170957944 414 ;
2116816 | 73034632 1418 ,
75151448 | 422

§§ 8o




A ML ORSF
§§. 8o. & feqq. aliquor problemata urilia adjiciam,

Probl. ,
Datis quatuor numerorum in progreffione arithmetica
vundem fumma b, invenire ipfos numeros
Sol.

Sit x terminus primus, & g fecundus, & erunt termini x5 g3 M—y3
36— x. & ex natura progreflionis arithmetice eft 28 =31y — g4 i

5 ey s BB ooreflio fi g R —x a
€rgo 3y=4a + & hinc progreffio fier & + 2 > 8 —2x vel x;

15

Jumma a, 85 cuborum eo-

6 3 2
4435 34 —3x; ta—x. Jam fumma cuborum horum termino-
rum debet effe = b,

X3

240 "
3158+ Jhaiy - Lo + s
178° — $a%% o Jax? — 1 43
w60 — 34y — gy 43
F0x? — faix lat =}
e 3 3b
X* — 2ax 4 1.ga° =‘fT

¥ = 24 + V7 48b— 347
e

Probl,

Cognitis progreffionis arithmetice Jumma terminorum a 85 Jumma cuborum eo-
rundem b, €5 numero terminorum ¢, invenire ipfos numeros

Sol.

In ferie arithmetica fequente , ubi 4 eft terminus primus & 4 differentia
A5 A4d5 A4-2d; 44 4. A+4d; 445d; 446d=a
Art-ad shidleh ad sl ag 7 Ce i
4+ 2+3+44pbe Ey Y a

um

§§ 8o



Cum dara fit fumma progreflionis arithmeticee = 4, & numerus termi-
norum fic = ¢, vocemus ¢ — 1 = 7, & primum terminum = x
_a—cx vel a—@f)x = d
I.2,3..4 7 T R
jam vero 1 2 3F 4 . . ... o=n]1.2 §90.
2

hinc formula pro invenienda differentia 4 abit in fequentem a—(mxg1)x
Rl

(npm): 2
=__ 28— 3%, ergo progreflio habebit formam fequentem
n? vk ]
25 (”:_ s Sl (1:4 x-w,;(zz:é * ok Efu(",-ﬁ #5838
7] n?rkn n n*fn [ nikn \ ) n2rn

Jam ex forma apparet, feriem efle arithmeticam, quia quilibet terminus
bis fumrus squivaler fuis duobus utrinque pofitis vicinis V. g.
(094 f}’f,,,) M2 — (n——z)x 20 F (”—6 x b 6a
B n*rfn p PER [ n? gar
Deinde quicunque f{it terminorum numerus ,

fumma femper eft =a,
namgque pofito ¢ = 4 adeoque n== 3, quatuor termini faciunt fommam 4
quia terminorum =qualiter ab extre

mis diftanrinm membra ¥ continentia

{efe deftruunt , inde etiam fequitur fi ad cubos horum terminorum comn-
ficiendos progrediamur, {ummam omnium ubi a3 evaneftere,

Cubi.
3
(,;v__zyxz o 2(n—2)% 2ax% " 3(n—2)44% X o 8a’
,-,;1_ n‘(n’_nﬂ ﬁ n(n? +n>2 (n’»}«n)’
(n—4\3x’.‘+ 3(n—4)* 4057 & i(_n—4)16a=x o _Gizl_‘____
. n*(n* ) n(n* vk n)? (n*En)?

Jam in fummandis his rerminis negligamus eos, ubi x* occurrit, & fum-
ma cuborum fequentem quatiencm producet.
a(r—2)3

e A

1775




84
12 st
1inus

60

2 -[-n‘

— P}

1am a4

1entia
con-

. [

n—2)4

O M RS ;

2(n—2)2 = 4(1—4)* 4 6(n—6)" 4~ 8(1—8)* 4~ 10(n—10)* & in 3ax* +
n* (n*—-m)

45 —2) + 16(n—4) 4 36(n—6) + 64(n—8) + §1(n—10) &\ in3a*x

T RS e Y

48 + 64 + 216 =i §12 &e. in a3 = b

L)

Quee @equatio cum fit quadratica, facile ex ea invenietur valor primi ter-
minl x
{cilicet
x4 4(n—2) 4 16(n—4) + 36(n—6) 4 64(n—8) +&e. inax _
2(n—2)* 4 4(n—4)* 4 6(n—6)* 4 &c. in @ 4-1)
8464 2164 512 4 &e.)in—4a*
2(1—2) 51[—4(11 —4)*4-6(n1—6) 2I&c. in(n4-1)*
b . w*4-n)
F 20— 40—+ 6—6 +in 34

Exempl.

Queeruntur fex numeri in progreflione “arithmetica, quotuim {umma fit

21, fumma cuborum 441. Hic itaque a4 = 21, & b == 441; ¢ =6,
unde 7 = 5. hinc primum membrum rationale

(4.3-F16.14-36.—14-64.—34100.—5) in — 2%
(2.9944.146.148.9410.2§) in6

(12+16—36 —192 —y00) in — 4 _ __700 M4 —2x vei}
(G844 +6+724250) in6 3505 6

unlﬂef (£)* = 42 conficiet primum membrorum, que fb vinculo radi-
cali funt,

vel

C : Quoad



OR&*

Quoad alterum membrum, quod fub vinculo eft, habemus

(8- 64 -,~}[6+7y71:‘-}7-rigoo)><j:_4g' = — 264600 = — 21
(2.944.146.14-8.9-F 10.27) X4 36 12600

Tertium membrum quod fub vinculo eft
441 P4 25 % 30 __ 3309750

= 1

(18 H 476 F172 "1 250) 4 63 35054 63
hinc totum membrum irrationale erit V(%2 — 214 15) = §
Ergo terminus extremus major 7 4 § = 6 & minor 7 —§ = 1 diffe-
rentia § divifa per # = y eft differentia progreflionis unde numeri r . 2.
3.4.5.6
2. Exempl.
Queeruntur numeri novem in progreflione arithmetica quorum fumma
— 39 & {fumma cuborum = 9273 €rgo 4 = 39, b= 52955 n = 8
Miembrum rationale erit

(4. 616.4+36.2464.0F 100, —2F144.—474196.—6 H256.—8) b4 — 32
(2.36"4.16%6.4F 8.0k 104F12.16F14.36H 16. 64) 9
quod valer — 3840 b4 — %2 74880 = 43
(724-64424TF40FH 192-4-504741024) ¥ 9 = 17280
unde (43)% = *$° eft primum membrum {ub vinculo.

Secundum membrum fub vinculo fiet
(84 644216 45125k 1000k 1728 42744 4096) M4 — 507 __
TP 1920 4 8I
— §256716 = — 33%

155520

Tertium fub vinculo membrum
64 % 9277 M 72
1928% T4i7 :
V(150 = 333 4 1945) = 2 Vil

= 192 Hinc erit integrum membrum irrationale

Vi

tiz

I



ffe-

o 2

ima

nale

'nde

e o]

0Nl Ot 19

dud

Vnde extremi progref‘ﬁonis termini erunt major = 43 v 25 minor — 4%
— 2, horum ergo differentia 4 dividatur per 8, quotiens } erit differen-
tia progrcﬂionis, adeoque numeri

14500757 205 235 2655295 32534 38
TART - 6 G mGGIa6S 6y K6
§. 10§.

Tnvenire quingue Bumeros in progreffione geamc’trica, quorum [umma fit &
§5 fumma quadratorum = b
Sol.
Sint numeri &3 xy; x93 xy%; X9+, erit itaque
6 = x(UHyH g £y = (—9")
Tt

b = x*(Uky? By RS k) = ax (1 —y'*) unde

Loy
i—(w:_y.)ﬁtﬁ :ﬂ,&y:r—z
an (1 —9%) (09 aa n 1HH42
bine ™. o 22 2207 sost | IR g
(7 2 10272023 HHz2z? § 1022 W24

mz* ok 10m2® R gm = §uz4 R 1omz? R o feu
2% = 10(m—n)3% vk ym—n

R
2t = §(m—mn) E2V'(ym* — G §n*)

§1 =11

§. 64.
Sit infula date pevimetri, fintque duo viatores eodem tempore ex eodem peri-
wietri loco A wveifus eandem plagam egredientes , €5 infulam datis celeritatibus
Cz cir.



20 B M RS

unies , [itque celeritas precedentis major celeritate fequentis: determinare
urfus B, numerum dierum itineris , itemque quoties prioti, quoties po-
fleriori infula circumennda fit , donec fe invicem affequantur.

Solutio.
Sit celeritas tardioris = ¢; Perimeter infule = p
— — — celerioris = C; numerus dicrum itineris = x
totum iter tardioris = v
Quoniam celeritates dantur per {patia eodem tempore confella, adeoque
& per itinera diurna exhiberi poflunt, differentia itinerum diurnorum
exprimatur per C—c. Porro quia tardior fequens celeriorem praeeun-
tem nunquam affequitur, ex natura problematis, nempe per conditio-
nem vie in {e redeuntis intelligitur, quod praecedens fuze celeriratis ex-
ceflu tardiorem A tergo tandem fit affecuturus, fimul ac exceflus celerita-
tum {eu itinetum dinrnorum aliquories repetitus totam infule perime-
rrum adeequaverit, eo enim 4BF4 intervallo 4 {yb initium motus
celerior a rtardiore diftare concipiendus eft. B Quoniam  igitur
celeritate manente eadem f{patia funt temporibus proportionalia; erit dif-
feventia itinerum divinoram i. e. [patium, quod celerior pre tardiove uno dic lu-
cratur 5 ad fpatium quod foto tempore quafito lucrandum eft ,' ut tempus unins
dici ad tempus quafitum, quo celerior tardiorem affequitur
eftadeco € —c:p=1:5 vel
C—c¢

Cumpreetetea fit tempus univs diei ad totum tempus quafitum ut iter dininum
tardioris ad totum iter 4 tardiore in tempore quafito conficiendum, eric

Y Sl B R )
I:p = C: P
C—c¢
v:CP
C—c¢

In

i

ti

P




In qua expreflione cum p denorer perimerrum infulze feu unam cic-

3 A R C . . : . A ]
po- cuitionem , ejus coefficiens R indicabit numerum circuitionum 2 rap- ®
—C
diore factarum, cui fi addarur uritas, prodibic ?* 2 e T

numero circuitoum a celeriori fattorum. Tandem fiin cafibus {pecialibus : 1

c .
———’C CCqU';VﬁICt OUumero mregro, m

C—c | 1
!
feflum eft, tum ] ocum concurfus | I

|

C
contingere in ipfo loco egrefius 4, {eu effe diftantiam = i ver |
g p 14 4 0, {1 vero [
que N e | 4
T T eft numerus fractus, divifione actuinftituta, fraio refidua exprimet | 'Y
S ;
“l:llg: rationem., quam habet ultima circuitio non abfolura ad unam circuitio- |
2es nem integram, i. e. dabit rationem quam habet loci concutfiis B 3 loco ?
Gen egreflus 4 diftantia 4B ad integram perimettum 4 BF 4.
me- Sit p 30 milliar, C= 15; ¢ = 10, erit ¥ = 6, & numerus circni- 5
] .tionam a tardiore faGtarum = 7, Caditergo Bin 4, & AB=o.
jitur - Sit P = 30; C = 165 ¢ = 10;.¢rit ¥ = 5, & numerus circui-
i tionum A tardiore faltarum — 1; » hinc 4B = ;0 milliar,
e lu-
! ST
unius e 00
Probl.
Invenire duos numeros » & y hujus nature ur ) — 5
Solut.
Ponatur 4z — & & gy = bz, & erit
num bz
az
(az) — (bz)
b b a a
8 2 =} 2z
b a a—b b
= S=UE a—b bia—b
8 =1b 2 5 8 =2 ;2=g
a — lr
B a4
In Cs
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; a—m:m
fita —b=m Keritz=na

aim
(a—m)

4 a-—1 a
fitm — 1, enittzie—=ia —

(a——x)ﬂ a(a-—r)a

adeoque 4z = (a_)a & bz = (a )a——x
a—1 a—1
fita—1 =n, & he due quantitates 4z & bz erunt (n}n ’Z%<[+[ Ly
ey
Exempl.
ﬁtn:;,eritx:v“g&y: 332
ergo debet effe

V'27 V'3 - :
('3) = (V'27) ~, & progrediendo ad logarithmos (v'27) % ! 3
= W3) 3 [ 27
V27) 313 = () 3l3
Va7 = 3v'3
fitn = 3, Kerity = (&) &y = (4

\ &
3)

vel ¥ = 65;; & §) = 2’8;i6 ergo

296 81 2 6427
;1) = (:'8)76)

¥ Gla—sl) = & Gla—4h)
2310 (4—13) = %% (la — 13)

3
‘32
$

~

56 — 464
T a7

it




1+H#

13

{it

fit n = 2, erit ¥ = ()2 & y = (3)% |
velx = 3 &3 = 3, ergo Q)7 = ()7 vel (227 = a1
& 27 (2l3—2l2) = 13 (3l3—312) vel 2, 27=3.18.
Sit ¥ = 2, & § = 4 erit 2+ = 42

§ 725,
s = ax — ba® oo’ — dxt s oex’ — &e,
ponatur x = s y-{«yh}yi ’i*j‘"l‘f)'s = &e.

1==)
§ = ay 1 ay ok ay} ok ayt o ay’
— by*— 2by3 — 3by4
SRR S TR
—_— d:)"?

$=ay — U—a)y* F (—2bok )y} — (—30ok 36—a)g* &,
fitx =1 & 9 =1, erit
s———a-—l)»-I«c——-drPe-—f&c.

F=8—(C—a) Fc—2bg — (d—3c¥3b —a)
2 4 __8\_‘ 16
Eixs

I— 49 — 16 fH 2§ — 36 &e.

3 y % 9
2

2 2
Eigos = y—2q2 -
1—2"1‘3'—-4+)’.—6
I X
crgos———;—%:;.
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§ 13 Jan
e S
I—x = 1 & X F &2 f x3 X A5 B oas &,
TR ko : R e, un
= V= ) (@ *PA”')(I%x4)CI$A'9)(y$x’“j% in infin,
I = (f~—x2)(xq«.x‘2)(1q+x4)(x X 8) (1Ex16) &, in infin,
) B

I—x32 & quia & < 1.

§. 650,
Z =4y & by w oy} g dys eyt &e.’
queeritur expreflio 7= per z
Affumatur feries

) = 4z ®Bz* g Cz' ¥ Dzt g B2 &e.

Si
& determinentur coefficientes 4, B, C, D, E &c.
erit
4y = adz & aBz* g aCz® g aDz* v aBzs &e.
by* = bA4*z* FH 2bABz? W bB224 HH 26BCz5 &c.
AH 204Cz4
Yo — €A%2% WM 30A4°Bz* BH 30B* 425 &e.
dyt = i dA44z* v 4d43B25 &e.
6 — Hoeds 25 &e.
&e.
e — R
O=841, HaB 1, WaC 7 o BaDL 7 ¢ i gr <} 5
— 1 }‘.{qlw} 2048 %22 B BB | H2bBC | >
Hedd | 2040 :>Z v 3¢B*4 25 2

3B} dH4dd’B|
Fdat | geas |

Jam

-




Jam eft a4 — 1 = 0
aB 4+ bd4* = o

A6 i UABESERC AR RO
iantur valores coeflicientium ABC & in ferie aflumta

unde or
1
4=z
B = DAY = b
o a?
C = — 2bA4B — c43 = 2b* — ¢
el N
D = — bB* — 2b4C — 3A4*B — d4*

a
Si propofita fueric feries fequens

2= ay + ¢y + &y° + gy + iy & erit
== V4
a
— cAd%z?
a
— 3CA*C — ed’ ]
-
=200 Sosgtllt o 5eCAS — 247 o,
a

Res inde manifefta eft, fi in expreflione antecedente omittantur quantita-
tes, quas ingrediuntur bdf &e. tunc enim prodit hec feries v. g. aC

+ 2048 + ¢4’ = o, quoniam {ecundus terminus & affe@us eft, ne-
ghigatur ut it aC 4 ¢c4> = o, erit C = — c4?
a
D
am
I

R ———
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Si denique proponatur fequens feries
4z 4 bz* 4 cz? 4 dz* &e. = gy + by - iy? 4= ky¢ + s &
& queratur expreflio 78 z per g Pro
&i=8" ¥ habe

2 Pon

+ h—b4> yz X

s g -

a
W | — 2BC— 264D — 3¢4BB — 304°C — 4dA'B—eds 43 § Fyp

a
| Sitenim z = Ay & By* " Cy* b Dy*k By® &e. erit
‘ 7z — ady v aBy* & aCy? »k aDy* & aEy*s 1
4 Y k% b/_l’g‘r{* 2bABYy? bB*y+F2bBCy®
vl 20 ACy4
303 AzB-AfYaCBﬁﬂ,S'
¢’y &'32144)2»11?,911335 gebr
eA( ji

O\ -
Ly e e

I

‘ bz?

Y= iy Taw
b — qu ky4
5 T sy 2

Ergo gy = aAy (' B —-:’_2

a
by* = b4?y® haBy? hinc B = h—0b4? B
a

iys =cd%y° vk 2b4By* b aCy* 5 hinc € ==i—cA4}—2b4B
§. 294,

’;
i‘ a Crgo
' ciHe) 2 pofi
¥ a il p(
I vk kR — bBB — 2bAC — 3¢4*B — dA* g4 i »

i
W
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§ 294

Methodus Newtoniana inveniendi divifores equationum.

Proponatur zequatio x*  ax? ok bx? ok cx & 4 = o queeritur an
tabeat divilores.
Ponamus effe diviforem & & 2 = o, ita ut formula fit

x% o ax? ok bX? kocx R d = (xRa)(ad F a2 R g R D)
ergo haec formula eft divifibilis per x *e, quicquid ponatur pro ¥, €go
Polito x# = o; d etit divifibiie per «
{i ponatur ¥ = 1; erit 1 a4 b & ¢ f 4 divifibile per 1 F 2

41" &: 25 erit 16 Bk 8a ki 4b & 2¢ o 4 divifibile per z & @
C.

Ergo hee exprefliones copnita
4

habebunt divifores in ferie arithmetica pro-
gredientes.

Thag b oo d
16’1-8[16'{;4!7-[«20’{-411
Ce

L__v-_J

Hoc ratiocinium fecutus Clairast acutiffimus geometra tertiam Al-
Sebre fuae partem copiofe & folidiflime elaboravit

N Ty,
fit radius circuli 7, erit

Latus wigoni regularis circulo inferipti = v(3r?)

— tetragoni — — G

~— pentagoni —— el = yir* — }V'5r?)

~— hexagoni S _— =7

— oftogoni e s = y(ar? —1v'21?)

— decagomi  —— —— =1y 2yt

D2 Sit
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eric radins circuli cui trigonum regulare infCribitur = /412

[r
’ s Sit latus polygonorum regularium !

, tetragonum e =yl
| V' ( 2l?
| —— —— pentagonum e — <
fl eV A
w8 ehexaponum P =] T
et odtopontim g = l:v'(2a—v2)
i ——~ —— decagonum — =2l: vy — 1 H
i Sit radius {phere =
1 Latus tetraedri fpheeree infcripti. = 2v/'51?
—  hexaedri — = 2/(31?)
— oftaedri —— —— = 2V(51)
i ‘— “dodecaedri —— — = SRR AT
‘ v'3
5, I zr(v“;' —?_I)
d ‘ ~— icofaedri —— V(10—2V'5)
| Sit latus corporum tegularium !
{ r erit radius fpheera, cui tetracdrum infcribitur = 3P
? R —_— cubus e = I3l
| — — oftaedrum  —— = l:iv2
B —_— dodecaedrum —— = W'3:—1 vy
— —_— icofaedrum —— = [¥V10—2v'5) : }(y'y—1)
Element. Arithmet. Cap. IV. Probl. VIIL addantur exempla fequentia in
exercifium tyronum,
Quadrat. Rad.
3894643909611477961} 1973485219
97779575 352911957243683441 2789189013479
144295 118900085322589611477961)  379861973485219

.,-;J




-1)

§. 463

FEquatio generalis linearum fecundi ordinis eft
o = Ak axk By kO F 3 (5 LY)s

A denotat conftantem

Ad portionis curya naturam inveftigandam, que abfciffe ¥ = infinite
refpondet; confidererur membrum ultimum

(yx F ek CY)

Hujus vel uterque factor eft imaginarius, vel uterque realis
I. Si uterque eft imaginarius, curva nullum habgbit ramum, qui in in-
finitum €XCurrit.
1L Si uterque factor fuerit realis, duo cafus funt evolvendi
a) fi duo fa&ores fint inequales

hoc cafu, falto & = X, alter faftor finitum habere debet va-

lorem, quia alias tota expreflio non poflet effe nihilo @qualis,

Sit ergo yx dy=4 erit ob & = M, ,_z: L% _%’ (L al
o (ex ¥ By) R A(ex E Cy) ubiob A T e —ax—@y

ag B 5 IB,y v Cy
A . .« . " i
i 43_{7 , natura h\l]US rami in infinitum excurrentis ex-

fie o

& — ¢

refta, quee ergo in infinitum produéta cum curva confunditur,

ideoque ejus eft afymprotos. Similiter alter fa&or ex 4~ 'y mon-
- 3 o . . . 7 it

ftrabit afymptoton, cujus erit zquatio & 4 £y = @——ﬂ-af 5

-~

primitur hac sequatione yx dy =

que eft pro linea

b) Si ambo faGtores fint inter fe @quales, feue="7y; & C =4 fiet

o= A T (ex+ 8y +lg'yx+ dy)* & ob evanefcens A pra
3

in-




s - s

o A UMY S s A4 s .
infinito, fiet (yx 4 3y)* 4~ (ax - By) = 0, qua eft xquatio
ad parabolam, <& oltendit, curvam in “infinitum efle parabolam,

Erit ergo tora curva parabola.
ZEquatio generalis pro lineis tertii ordinis,
) Kok 5 Dl o R ETe, N et ] he )
0= A = (ax4By)+(yx 4 29) (ex + f}) - (-0 (1x +29) (v - 1Y)

quomodo curvz portiones in infinitum abeuntes fint compararee, ira de-
finierur.  Sumatur membrum ultimum in f0s factores fimplices refolu-

tum (ax < Oy) (ax 4 29) (x4 py)

I Vel erunt duo fadtores imaginarii, uniusque 78 4~ fy realis,.debe-
bit falto xvel y=" hic faftor efle finitus, uta pracedenre mem-
bro infinito hoc®membrum tolli pofli. Sit ergo nx 4~ fy = 4,
erit (yx /1 Jy ) (ex 4 Cy) + A ux o= ny) (Ax~+ my) = o, hincque
ob Sl SSetit A — i_(‘?",,_w)fglﬁ@ unde habetur qua-

9 (ot — 10) (un — 7\9)

tio Pro afymptoto una.

1. Sint omnes tres fatores membri ultimi reales iiqueinter fe

a) inequales omnes , unusquisque preecedente modo tratatus dabit
unam afymptoton , unde curva habebit tres afymprotos & fex ra-
mos in infinitum excurrentes,

b) fint duo faétores @quales, nempe + = 1 & » = §, tertiusfa
&or Ax -+ 1y unam prabebit afymprtoton. Faétores autem qua-
les pofito ¥ = 20 ponantur (n¥ 4 y)? =P, erit P(Ax + uy)
+ x+dex+0y) + @x+£y) + A =o.

2) Simembrum (yx--3y)(ex - (y) penitus definfietP(AX—4-1y)4-ax

X : a@ _,Bn
0 — = & L B R ] i = e —
+By=0& P=o0, & ob y ~ erit P T
ac propter duplicem valorem v'P curva tres habebit afympto-
tas & fex ramos in infinitum excurrentes.
) Si membrum fecundum non defit, vel alter faGor yx - Jy
eft aqualis ipli nx 4~ 0y = v'P, vel neuter ipfi eft @qualis
1) fit nx 40y = yx 4= oy = v'P, erit P(Ax 4 py) 4 Ex4-Cy)

v'P
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VP (ax 4 Py) = o0, & ob «é:_éi TR )

+ (8 —'Cn) VP4 aff — B = o unde pro v'P nafci-
tur valor, ex quo curva tres habebir a totas. 2) Si uter-
que faftor membri fecundi fuerit @q ipfi nx <~ 0y, tum
fiet P 4 ) 4= P -1 ax £y = o, hic P unicuam haber
valorem, unde curva habebit duas afymprotas. 3) Si neurer
fator membri fecundi fuerit @qualis #x ¥H 0y, tnc erir

PO o ) B (o B dy) (o5 B () =0 & ob L = —
; —( — ) (b—Cn) x
erit P = &~—~—iy—)(~———-‘~1' W ideoque curva hoc cafu

M —
preeter unam alymptoton habebit duos ramos parabolicos in in-
finitum excurrentes

¢) fintomnestres faltores membri fupremizquales & ponatur (naydfy) 3

= P3 erit P* i (yx B Jy) (ex R o) ¥ (ex VB By) = 0.

@) defit membrum fecundum, erit P? &4 ex W £y = o ideoque
Pl—= — ax — Py = (— ol —fn) “g‘ = (¥ P 0y)® & ha-
bebit curva duos ramos parabolicos fecundi gradus in infinitum
abeuntes.

£) Non defit membrum fecundum, ficautem 1) ejus uterque fa-
&or nx f §y = P, erititerumP? R P* HHax J By = o, ideoque
P? infinitum primi gradus & propterea P? v ax By = 0, unde
curva erit eadem quee lit. . 2) Sit unius tantum faftor ex ¥ Cy
= nx W Oy = P, erit P} Plyx didy) B ax B By = o, erit

(a,\'%_l_/@y_) vel P2 = infinito

reo vel P finitum ad T e
erg n eoque P 7o 3y

ol®r

= nx W fy un-

de

unius dimerfionis, utfit 2 =+ — (y4 —3dn)

e

N
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de curva duos habebit ramos patabolicos, illo cafu autem unam
afymproron. 3) Sit neuter faftor membri fecundi ipfi nx R Oy
zqualis, eut P3 (7% i dy)(ex B Cy) = o & P} = —(y0—23)
h—C /) " = (ux v Oy)* ex quo curva nullam habebit afym-
ptroton at duos ramos patabolicos in infinitum excurrentes {peciei
y? = ax*
Enumeratio generum curvarum trium dimenfionum
1. Curvee duobus ramis afymptoticis in infinitum excurrentes.
II. Curvee duobus ramis parabolicis in infinitum abeuntes fpeciei
Yy = ax
1II. Curvee duobus ramis parabolicis in infinitum excurrentes, {peciel

y3 = a°x
1V. Curve duobus ramis parabolicis in infinitum abeuntes {pecici
Y3 = axt

V. Curve quatuor ramis afymptoticis in inficitcum excurrentes.

VI. Curve quatuor ramis duobus afymproticis & duobus parabolicis
(fpeciei 7y = ax) in infinitum excurrentes.

VIL Curve fex ramis afymptoticis in infinitum abeuntes.
§. 667,

Duplex eft hujus @quationis & aliarum {imilium finis: y3 FHaty —aa!
'}‘ axy —x3 = o. Vnus eft, t// \c:. {eriem eo magis convergentem
determinetur, quo minor q“”h as x affumitur 3 a]tcz, ut y exprimatur
€0 C\aétzus, & €0 convenientiug vm.at., que maJOL x alfumitar. In
primo cafi queflio eft, invenire 4, {i » = infinite parvo, in fecundo
fi » = infinite magno. In urogue cafis plures termini zquationis pra
reliquis eva'n.(umt, & ii faltem, qm refidui funt, confiderantur. Il in

quatione propofita, fi & et infinite parvum, terminus &° evane(cit |
prop ) 2

pre

i |
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o e O

pree 24% , & axy Pre “any “ita ue foperfit fequens equatioy* o aay — 20°
— o unde invenitar ¥ =2 reliquis radicibus faruris imaginariis.  Erge ; 1
fi x eft quantitas admodum parva, concluditur y = feriel convergenti,
cujus primum membrum a & reliqui termini fint dignitates T8 &, qua-
rum exponentes crefcant,

_ C adeoque {umetur y=a ¥ Ax g Bx® Cx3 &es !
(ubftiruta in sequatione data-exhibet I N

que feries
y? = a’ o 3aadx i 304Bx* g 30aC . 2 }
g 3044 ¥R 614B \
’I'“ A; l i
[CORN
aty = a’ vk aadx J aaBx* b 4aCx? =40
axy = aax R a4x® T 4B \
-—2a’ —— Zd; \
Al eN \
' =)

'*—,'\,‘3=
| | z-
i

4(mA + an = O unde 4 = — %

E——

3—(}+ 2?B — 34 =9 hinc B =
16 4 & 2 T 644

2C IR o, quare C = ol i
4a*C — 158 T 7’ d AN {
. X o ey !‘
Erl 0 = i et —_—

tergo y =4 X + 642 T120°

o minot eft

quez feries o veritati propiorem valorem 75 4 prmbet qu

=5

quantitas .

fi x fit quantitas notabilis, pona-
g% evaneftet pre ¥° &
iam.]udicandum eft
yig ordinis quam X,
namaque effe debe-

In fecundo cafin ubi y queeritur,
tur x = o, & in equatione propofita terminus
aay pre axy hine sequatio erit 3° + axy— %3 =0
an,y fit infinirum ejusdem vel fuperioris” vel inferio
hic farim apparet, quod  non (ir ordinis fuperioriss

3 i axy > X° peque ctiam ordinis inferioris, quia alias forety3-axy

rel ¥
E <




g

< x% adeoque y eft ejusdem ordinis cujus eft x, quare terminus axy
evanefcit pree duobus reliquis, itaut it 9> — x3 = o, hinc y = x va-
lorverus 7% 4. fi ¥ = 2 fi vero x non fumatur pro guantitate infinite
magna, fed faltem admodum magna, adjiciendi adhuc {unt quidam ter-
mini vel poteftates quantitatis ¥ quarum exponentes decrefcunt, ita ut
quilibet confequens evanefcat pree antecedente.  Erir itaque forma aequa-
tionis :
y=x+k 4k BFC D

g b &c. hinc zquatio propofita abibit
7P = x* i 34x%x% b 3BxF 3C A
b 34* +64B ,
;A |
& 2 =10
aty = v a’x ka4 ]
axy = ax* v a4 W aB I
—_—X = — 1
—28 = — 243 J\
34ka= o, hincﬂ:-i
3
3B 8* ha? — 0> =0 &B = — a?
3 3 3
30 20° — 4% —2g8—03 — & =0& C=55
3 27 Fo 3 81

Cum hec procedendi & judicandi methodus in quationibus maxime
compofitis perquam difficilis fieri poflit, Newtonus ope {ui parallelogram-
mi eam faciliorem reddere annifus eft,

Fom




Jam notandum eft, fi x eft quantitas infinite
parva, in qualibet columna termini fuperio-
res evanefeunt pree inferioribus, & vice ver-
| fafix eft quantitas infinite magna, termini
inferiores evanefcunt pree fuperioribus. Ter-
minis itaque equationis alicujus propofite ita
xy® | difpofitis, in utrogue cafu ftatim apparebit

20,3
S S

£ty \ b

x*

xy lxiff

xZ/l

quinam termini negligi poffint, ut primus
{eriei formanda terminus inveniatur: in pri-
1 ‘ y I y? l y? mo cafu inferiores termini ferierum vertica=
————— lium, in {ecundo fuperiores adhibentur, qui
etiam homogenei confiderantur. Conhdgrandum gdhuc eft fi vog. »* &
xy? fint termini homogenet, & ducatur linea refta 4 3 ad x4* omnes ter-
mini ex una parte hujus lineze erunt infinite majores, ex altera infinite
minores, fed fi linea reta per centrum alicujus quadrati adhuc tranfiret
terminus ejus etiam foret homogeneus. v. g. fi retta a x%y ad xy? du-
cererur tranfirer ea per x?y? qui adeaque forer homogeneus moiz A%y &
xy®, adeoque nec infinite major nec infinite minor illis.

— 1 Site g propofira aqua-

l x°y , l ‘ ‘ tio a4-bx*<- cxy 4~ dy?

S e e L

x5 X9 + bxyt 4ixSy - kasys
R S e =

S l ‘ lx4y4— x4yS +lx474+ mxsiy6+nx4yz

b bt b L b = o; difpofitis terminis

xT | ¥y’ ‘ I l l in. parallelogrammo uti

—_ ———-——-—"”“'7‘6 vides, Siigitur queeratur

Xt l { l 3| valor o y, fi & =o in-

T Rk fin, pary. non nifi termi-

l Xy I ‘ 23 ‘ ni inferiores confideran-

o 4 l l ‘ tur, hinc duz funt {olu-

: \ l ) V| tiones, prima fumitur

-_,_—-——--‘—"——’4"—_"”’"’_‘—""' E

2 a--dy*

E——




a4 dy* =0, & valor nd g ="y — i; {ecunda folutio dy* - bay+
~+ ma*y¢ = o, hinc vel y = o0, vel d 4 bxy: 4 maryti= o i €.
e V(—h v (b*—4dm) ¥ %  Tres igitur cafuss funt evolvendi

v'um
1)y =4 -4 Bx - Cx* 4~ &c.

2) y = Ax - Bx* -4 Cx* 4 &c.

3)iyi= Ax—d'} - Bx{' - Cx"z’" &e.
accidere poteft, ut hee feries crefcant 2, &%, quod in quolibet cafu facile
animadvertitur.  Sed fi queeratur valor 7% y, fix eft admodum magna
quantitas , ponatur ¥ = 20, refta & terminis fuperioribus ad inferiores du-

citur, unde tres nafcuntur sequationes
; = — B
1) fx? ix6y = o, undey = l ies i = _]i o
) fx8 - ixsy =o, y=. 7> &feriesipfay oty
—3 —_—

+ Cx 4 Dx &e.
2)-ix6y 4 kxsyd 4 ax+y® = o0, hincvely = o, vel ix*y 4 kxy3
¥ I 3
+ iyt =0, & y = 45", & ipl feries y = AxT 4 By—?2

—3
+ o
2
5) mxtys H-mxtys = o vel 15?4 my = 0, hinc y = — " & ipfa
m
fories § = — ”_‘n-,_ Atk B ot P gd
7 X X

Hze refolutiones quam magxime locum habent, fi forma linez curve in-
veftigatur, ubiabfcifla eft vel infinite magna vel infinite parva.
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Vi

fir
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:En magpete dantur in.ter(%iria' eo modo difpofita ut dutus for-
ment, qui,fubuhorl materi® tranfitum f{ecundum determina-
tam direttionem concedunt, fecundum aliam recufant.

1L

Eodem modo poteft ferrum difponi, ita ud id loco magne:
tis naturalis poffic adhiberl.

Vapores funt bullulz pellicula aquea conftantes & interne
sere replete. s

Hinc elevatio vaporum bene ex notiffimo principio hydro- - 4

ftatico explicari poteft: Levius fluidum afcendit i [pecifice gra-
wiori_feu denfori. gravius defcendit in leviore feu vaviore.

V.
Ros male inter meteora refertur.
: VL
Cur quidam lacus in Tralia tempeftate phivia evacuati ‘aqua

- fint, ex do@rina de fiphonibus, quorum effluxum preflio aeris
efficit, bene illuftratur. : S

=
w

VL,




Abfurdiffima eft hypothefis Abbatis de Bramcas, qui ftellas
fixas a fole noftro illuminari contendit.

VIIT,

Apparitiones ftellarum variabilium optime explicantur, fi ea-
dem earum figura, que lentibus eft, efle fupponitut.

IX,

Ratio cur radii folares magis ad perpendiculum refringantur
in medio denfiore quam rariore, eft quia ab ifto magis atcrahun-
tur quam ab hoc.

X.

Hinc celeritas lncis in diverfis mediis eft in ratione inverfa
denfitatis mediorum, id quod bene demonftratur methodo, qua
MAUPERTUIS utitur.

XI.

Abfurde affumunt Platonici & Galenus radios quibus objeéta
videmus, ex oculo videntis promanare.

XIl.
Sit f locus imaginum in {peculo fphaerico cujus radius »,
& d diftantia objetti ance {peculum, erit f:i—is—r fi r=  habe-
tur {peculum planum, quare hic f =— d,

b XIIIL

Non datur methodus cujus ope exafte dolia ad aliquam par-
tem evacuata menfurari poffint,
XIV.

ex
clu

{in

e

ce
en

¢

fe
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XI1V.
Lung jure atmofphera videtur tribui.

XV.

Motus rotatorius corporum ceeleftium circa. {uos axes bene
ex obfervatione macularum in earum fuperficiebus pofitarum con-
cluditur.

XVI .

Cometz non differunt 3 planetis , nifi quod eorum orbitz
fint aliz {eCtiones conicz.

XVIL

Si terra 18es celerius circa axem: volveretur, ad atomum
redigeretur.
XVIIL

Si gravitas affumitur proportionata diftantiz 4 centro, & vis
centrifuga zqualis gravitati , terra effet planum circulare, eft
enim hoc cafu1

Dianiteter «quatoris ad_axem revolutionis ut v'p ad vi(p—f) de-
notante p gravitatem, f vim centrifugam.

XIX.

Syftema vulgare Briggianum reliquis poffibilibus jure prz-

fertur.
XX.

Perfe@um vacuum effici non poteft.

XXI.
Fulgur & tonitru bene ab elettricitate explicantur.

XXIL



40 LS IR VD oy
XXILL
Capite majus fpatium ambulando abfolvimus quam pedibus,

XXIII.
x° eft = 1, quicunque numerus pro & ponatur,

XXIV.

Cur tempeftate nebulofa Mercurius in Barometro nonnun-
quam afcendat, probabiliffime explicuit HALLETUS ciufam huy-
jus phznomeni- a ventis horizontaliter flantibus deducers.

XXV.

Caufa frationis radii ad perpendiculum eft atérattio medii
denfioris.
XXVL

Remi bene inter vefes referuntur, — Vid. Phy( KRAFFT,
PIIES.1324
XXVIL.

Libra male inter machinas fimplices refertur.

i e
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