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Quae funt communes: problematibns circa Series quam plurimis, praefer-
tim his, quae Methodo, generaliffima illa quidem et latiffime: patente, Leib-
nitiana traftantur,  per coefficientes fiftos, qui aflumuntur tanquam dati, dife
ficultates: - has, ipfas pariter, quae de Serierum Reverflone praecipit, v vulgo
infticuitur, andlyfis, expera eft longe gravifimas, vbi Inﬁnitinomiorum, quae
poftulantur, Dignitates, et cocfficientium fitorum, fequentium per antece-
dentium omnium recutfum, determinatio, moleftiam plane taediofam creant,
et ad fubftirutiones tanwum fon infuperabiles deducunt, . Quibus incommo-
dis remedium. attulit paratifimum certiflimumaque  Excellentiffinus HINDEN-
BVRGI1VS, Pracceptor atque Patronus plurimum mihi venerandus, expofita
mova. Mezrbodo. combinarovio - analytica . .quam libris duobus: Infinitinomii Dignita-
twin Exponentis iudetevininati Hiftoria , Leges. ac Formulae — Gortingae 1770,
410, €t Noui Syfleraatis, Pepmurarionum , . Combinationum. ac Faviationum primae
lineae— Lipfiae 1784 410, luculenter pertradtaunic, coque ipfo, qui frulus ex
Combinazoria Avtead Analyfin redundent-longe vberrimi, exemplis quam plu-
rimis et maxime perfpicuis oftendit. Huius igitur methodi ope, quae ipfius
eft prae cereris pracftansia, Jerierum, a fat‘,’corum polynomicorum quotcunque
cohxplicacio11e oriundar.um,\ .Q’meﬁret YTfrlz.‘zmu.r gt’iie;:ﬂll'l‘., Infinitinomiorum autem,
pati facilitate -arque Binomiorum, Dignitates ethben, coefficientes quaefiti
finguli, ex ordine et exura ordme{n? A praecedentibus independenter, in ter-
minis ftatim fimpliciffimis, = per feriei non fiftae fed datae coefficientes atque
- exponentes, derivari, ad alia problemata, per Meflloa’m/z inprimis Pozentiarum, ac-
commodari, {ubftitutionum autem moleftifima diuerticula penitus evirari poflunt,
~ His: praefidiis et adminiculis gdintus ESCHENBACHIVS, i Clan

i fomis pectﬂiﬂjfi libello: De Sfevierum Reuerfione ; formulis _"'”ﬂlylfw-comlrz'izatorii:
exhivita —. Lipfiae 1789 editc, problema hoc complicatiffimum ingeniofe
traltauit, fic, vt formulam, reymini's combina'torio-mm{yticz‘: conftantem exhibe-
fet, qua ferici quacfiae coefficiens indeterminatus, ‘extra ordinem, et ab an-
tecedentibus independenter, datisfolummodo feriei propofitae coefficientibus
et exponentibus, determinatur,  Demonftratio Formulae Efchenbachianae (ita enim
ab auctore cam appellare non dubitaui) cum neque in ipfius Auoris libello
*ig ' tradita
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tradita appareat, neque etiam ita fit comparata, vt in oculos ftatim incurrat,
operae pretium me facturum effe arbitratus fum, fi opportunitate fcribendi
oblata, quae Zftbenbachius defiderantibus in medio reliquit,  fpecimem qualis-
cunque diligentiae editurus,- traanda mihi fomferim,  duplicem demonfiratio-
wenm, quam diu de hac re cogirans tandem inveni, hunc in‘ﬁnem'propoﬁmms,
Erant fortaflé, “qui mihi obiiciant,’ meam formulae Efechénbuchianae' de
monftrationem effe fuperfluam.” Nam @ /s Grangium, Fitum' Celebianitradidifle
formulamy *), Fifcheri quidem 2. C/ iudicio (ex cuius libro (")« nuperrime
edito primam eius accepi notitiam) generaliffine, maximogqué, ctind Anakyfis ca:
pax fit, vigore demonftratam, ex qua formula Efchenbachiana dévivari poflie
Sciendum aurem eft, demonftrationsm formulae de /o' Grangii}® contra, quan
contendit Fiftherus, non folum non generalem effe,” (valet” enim tantummodo
B m numerus ett inzeger pofitinus), fed demonftrationis eriam rigorem dubiis adhuc
obnoxium reperiri. Ex Identitate enim walorum ferierom huiusmodi
U e ) G S G AR R o o BT gy
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neque inszinm neque. fizem habentium, :nion licer ‘ebdem ‘modo, ‘.quam ‘fieri
Poteit in feriebus initium habentibus, coefficientes  in: vtraque ferie ad eandem
variabilis x poteftatem -pertinentes), aequales effe, ruto:e:dire@e concludere;

Qua de realio loco fufius dicendi fefe offeret occaflo}! -
Cum libri Fifeheriani ‘mentionem iniecerimi, 1 non poflom ‘non' ' breuiter
hic monere;, figna, ~quibus Fifeberus in: libro: {ifo> vius - cft (Dinien fionseeichern)
cum fignis Hindenburgianis Combizaroriis (a°A, "B, ete.) plane convenire. (¢),
Praeter formam externam, quam, quia eorum inventionem et v{um niunfliffine
b s it oAUt Mehordibg

3

LT T i T
" (8) Si p radix eft sequationis & — x Ay ='o (pbi"dx funionem Incognitae x fignificat) fos-
mulam hanc  tradidit de Ja2 G‘rnngim-: y o . 7 e -

d(xm Ydx rd@m) ] r(](xm) - d (XHI) 1
e 2 o A )2 ¢ —— fpyx ¥} B )4 |
PR e e d Cdx (Q)hﬁj a2 e :DU’J —+=:d9 [ 4 (<DA;") H-oete
L2 . dx 123 dx® 1.2.3.4 ax3 .

in qua, fadta differentiatione , loco x, fubftituendum eft @, Cf Nouvelle mirhode pour réfoudre
les Eguorions litterales par le moyen des firics, Mem, de I'Acad. Roy. des 8. es, B, L. & Berlin
1770, p. 251 - 326, - Huiuy differtationis’ verfio germanica invenitur in Michelfens jten Bande
der Eulerifihen Finleitung iy’ dip Analyfis des Upendlichen, S. I90-- 270.

{b) Thiorie diy Dimenfionszeichen , nehfi ibyer Amwendung auf verfihiedene Murerien aus der Anals
il Groeffen, 11 “Theile 1792, Varvede S. TV, :

(¢) Cf. Combinarorifibe Analysik und Theovie dey Dimenfionszeichen, in Parallile Geflells von Heinrich
Auguft Toepfer, Leipzig 1793, - Seire §2-61. atque Tabula IIL et IJIL,




v
fibi wule attribui, | data " opera paululum immutavit, Quod, quo melius
¢i ‘procederer, plagiumque. foum, fi fieri ullo’ modo poflet, letores harum
rerum ignaros lateret, ommia, quae accuratioris libri fui cum Hindenburgianis
[quorum ‘non nifi vnius (Nov. Sy Perm.)ac obiter tantum, mentionem fecir,
alterius vero (Infinit. Dignit.) eiusque ipfius, e quo  plurima haufit, ne titulum
quidem nominauit] comparationis: inftituendae accafionem pracbere potuiflent,
maxumo ftudio adhibito vitavir, eamque: etiam ob caufam Yegulas ipfas, nume-
rorum Difeerptiones (*) ac:Fariariones () complexionisqug culusvis propofitae
NumeruimPevmurationum (') inveniendi [quibus tamen  figna (ua, Guae vocar,
dimenfionalia nituntur ] tradere aufos non eft, fed exempla tantum er tabu-
lam, ex Hindenburgiana penitus tranfcripk;am? attulit, de Complexionilus autem
fimpliciter , admiffis vel non admiffis vepetitionibus, earumque notis, de Permu-
tationibus, de fignis localibus, eorumque in Analyfi v{u Tonge maximo, de 4
exponentibus, atque Coefficientium binomialium et polynomialinm notis,

antiae

ne verbum
quidem dicere, ideoque filam ﬁgnqrum dimenfionalium  theoriam limitibus
nimis arétis circumferibere, coatus eft. ~Quod detrimentum inde leGores ca-
piant, optime oftendit’ Toe[.feru:r Fir C//'Jrzﬂmm (®), pluraque hac de re in
thefibus huic differtationt "adieétis  expofui, vnde luce clarius spparéish gua
monadica dimenfionalia Fiftheriana, longe inferiora effe@y effe Hindenburgianis
multiplicibus . combinaroriis, tantum abeft (quod infinuare quidem vult Fifche-
rz/.r; [ Porvede . V.] Ie&.ori.bus).vt PlUs ills valeant, quam f e efiere.

His vero fignis alienis Fifeberus non folym eodem: modo atque Hinden-
burgius, vnde tanferipfit; vius eft, fed etiam: eyndenr plane ordinem fecdms,
ea primo loco Infinitinomio Ax™ —+~ Bx™tr o Cympar | g digagatsr 2o
nentis_integri poficiui; deinde Infinitinomio 3. 4By 4= Cx®* - Dyor B
ac denique Infinitinomio AX"~=Bx™ 4 Cxmiar, | 14 dignitatem exponentis inde.
termivazi enchendo , applicuity atque ita eandem viam ingreflus, easdem plane
propofitiones acformulasielementares invenir, tradidit, problemaribus Soplichir
et perpauca, qtiae effent alicuins momenti, et quae ipfe invenifle iufto dici poffir,

i addi-

(@) Combinararifche Analyiik Seire 16-21.
(o) bid."S 6% -68.

() 6ido 8. 21: 22,

(Q) 1bid. vierzebnzer Abfchuits,




Vi
addidic (*). Narfique etiam formuda,’ quam non folury libridui,: fed totius
fere Analvfeos, primariam effe iudicauit, iquamque, ficuti’ reliquaiomnia, tane
quam inventionem fuam venditavit, nulla alia eft quam Ffehenbacbiana regref-
Jovia (*).  Quod ne leGoribus in oculos incurrat ftatim, alind el nomen (el
gemeine  Aufljfungsveibe) dedit, fignorum autem  Combinatorio - analyticorum
loco, quibus FEfchenbacbius eam exhibuir, - fua dimenfionalia, proque Coefficien-
rium Binomialinm notis eorum valores pofuit. Quam formulam ab Efchenba-
¢hip Viro Clariffimo fine demonftratione prolatam, etiam Fifcherum demonftrare
non potuifle non miror, cum res multo faciliores demonftrare non potueric(*).

Reli-
(h) Ibid. zehnzer Abﬂmm, atque Tabula VIL*
(1) 2bid. eilfrer zwilfter und dreizebuter Abfchnire, argtie Tabula VIIL
(k) Exemplis hoc tantummodo duobus, ex pluribus, probabo:
: : P ; 1 —x~—x*
1) Iunenit Fiftherus ( Theorvie der Dimenf; L Th. §. 122. Seire 101). log, G ;}—""
=i x - 2x* - 4X3 -2k IS OO ExT - F kB A4 X O - KO S KT T - Sk X2
—+ A xIT A xTE 4 -A;'XI; +—)K>-‘5 —x”+ 9. ™8 +~ete, atque legem iuc apparentem, |
{ed a pofteriori ab ipfo quacfitam, facillime demonftrare potuiffet, fi modo non pxo.musa*x—\;
y : -X)
: 3 ; . I—+x3 3 1 — X o
in feriem conuertiffet, -fed  cgitaflet, effe T—x 4 x> == 1—:_ . Hinc log, T i)—rx—
—x

= log. (1—+x?) — dog. (1-+x)— 2log. (1 — x), vnde flatim exfurgit feries quae/m et vti
lpﬂ vifa eft praeter neceflitatem, olftinara cum rermino gencralx.

2).5it - vi==Ainy verl, X 12X =7, ind x=fin 7=y, atque eft cof, ; _ 1 — 4_zya

N
. 12
4( -—4>y4-—-etc 1——4' e 4(4—~—)y *‘”‘(4 E‘%)C“é_l%)y‘
1234 1.2' T B PP REE SR TR T R
S (4 4><16— ")C36 _ISE YB‘— Lol oiergo T o— cof.%l: fin, verr.%:zﬁnz-s
I. 2. 3. 4 3
D D e
12, 1634 1.2. 3, 4 5. I”3 4. 5.
Sgealpin )t = yict 4(4—~~- v 4 (4= —X 6—-~)y
12032 44 2. 3 4. 5.

o G T G RO ) o
x:‘g. NG % § 123 4 5. 6. 7. 8- (2n+1)(2n+”2’rm




Reliquum eft, ut de argumento ipfius differtationis breuiter” exponam
Signo (%).nouo, quo vius fum, aliisque, quae Hindenburgivs Fir Celeberri
ams iam introduxit, in §. I et paffim in notis breuiffime explicitis, in §,1I-1V
relationes quasdam coefficientium in ferierum dignitatibus per formulas locales
propofui, quibus prima in. §. V. fuperftruitur - demonfiratio, | quam escipit
duplex formulae ipfius regrefloriae, per figna combinatoria et per valores cos
rum expofitio, adhibitis fimul pluribus, ad ipfius. formulae viteriorém- explica~
tionem, idoneis exemplis.  Aliam §. VL continet formulam localem:lon
ge generaliflimam, methode Bermoulliana ab lluflvi Kaeftnevo pluribus locis
uforpata, demonftratam, cum Corollario, in quo. potiores, quae inde pen-
dent, formulae {pecialiores, exhibentur. Huius formulae fubfidio: altera For+
mulae Efchenbachianae demonftratio absque omni difficuleate in §. VII, abfol-
uitur, Quibus peradtis, in §. VUI. formula proponitur, feriei quaefitae logis
rithmum natugalem, datis {olummodo. coefficientibus et exponentibus, e;

exprimen

/

3 4.6
,_.4 4,A-y4 -+ ._54...1}_.____ -
To2 2 1.2.3.4+5-6

4:4.76.36 g pgT636 L AT ey, L = 2l
1.2.3:4:5.6.7-8 1.2.3.45.64+..(2n 4 1)(20+ 2) ; I.2
¢ % 22_ Iz'i;%_.. ,,Sy_B ¥ 'iiz_iz,:‘___f_.__ 22“{.7,)':111-2
1.2:3.4:5.6.7.8 : (2nt1)(ant2)

T a2 e a4 Mo che e L dg) g SORCREeL oy
—— -+ 2 ~25y ; e P 1
R s el A e oy e P e G wej

: 1 £ 2.4 s
fiue etiam X2% _—:—I—’;y2 Ay g S2:4 4

Z.. 4
Pofito vero p == oo, mutatur p fin —in z; atque eft 27.2:;—0)12 ~+
P 2

,AYG_*,_ __~_‘_.____yg_

34 3.5.6° 3.5.7.8 ~
Hae aequationes exprimunt quadratum. arcus per fipum., Eft autem DR

123 es
20y 4567.3.2 SASE N o

_!_?3..__.'_"___2__— An I:y:u+z
2.3 4 3.4.5.6 (nt1) (nt2)...(2n+2)

atque- fin verl x =2 finZ1x, fine 2v=2%y> ergoéx?-::]—'la.zv T 3.42%2”}.“3—.%';6:)”’
LR 138 naan 0
s e e e e e W y 1
+ 4~5~67-SZ AL ks T Nt S S e FOMmI2) s (2[”2)211'}‘1\ e SRR T
' Acquatio haee eft M (Theor. der Dimenfionsz. L. Th. §- 327. 8. 139,) atque apperet, ad eam. demouy
ftrandam non opus efle calealo implicaro, vii Fifcherns credidit, ¢
; Plura hue pertinentia piopelui in thefibus ad finem buius libelli. g
V(1) Scalae feilicet p [a, b, 6 d - . Jvelq[a, Bs 9 8« « ] dequa§. L expoful.  Series bic p et
q Julis cenlentur coefficiensibus a, by ¢y d. , . vel as [ 9, 0. + o hocefty, non variabilinm, sut ipfa.
sum. exponentium (dummodo in arithmetica progreflione {equasitur) determinatione ; quae fiiguld
poffunt, in una adeo eademque propofitione , fimul diverfa cogitari. .

3 _.I.___zaya_,,_




primens, eaque legitima demonftratione munitur, exemplis illuftratur, - Formula
denique regrefloria, quam Efehenbachius V. Cl. duabus feriebus f{ibi aequalibus
agcomodauit, fignorum combinatoriorum er localinm compendio in §, }X. fims
plicius et magis perfpicne expreffa, agitur vitimo loco, fed breuiffime §. X;
de Letbnitiano ad ferierum reverfionem pertinente problemate complicatiffimo,”
in quo foluendo coefficientes feriei fitae, tam per rerminos reccurrentes, ‘quam
per: folos datos determinantur. - Methodus enim combinatorio-analytica pari
vtilitate adhiberur, five ferieram terminos quoslibet extra ordinem (in quo
fere dominatur fola) ab antecedentibus independenter, fiue fequentes, per regtref:
fum ad antecedentes, ex ordine quaeras. Caeterum literae in calculo adhibitae,
valores omnes, pofitiuos et negatiuos, 1ntegros et fraltos, induere, atque etiam
nihilo aequari, poffunt, nifi exprefla caueatur reftritione (vt §. V.) aut res ipfa
loquatur: -~ Sic v. c. litterae, rin §, 11l et1V, m et ‘m in §. VI, er'quae ferierum
rminos faepiffime numerat, n, non nifi valores Integros pofitiuos admittere
offunt, : '

Plura quae ad calculum combinatorio -analyticum pertinent, fufius repe-
t¢ hic non potui, ideoque faepenumero, . ad duos Hundenburgii Celebervimi
bros provocaui, hac tamen inita ratione, vt etiam ii, qui ducibus iftis fammis
eftituti, calculym itum nondum callent, res ipfas hic propofitas, earumque de-
honftrationes intelligere poflint.  Quodfi mihi contigerit efle tam felici, vt hunc

abellum a viris dodis non reprobatum viderim , et quidquam vtilitaris. at-
ulerim Merbodo analytico - combinatoriae, quae maior eft, quam vt ioftis eam

Bic praedicare poflim laudibus, maximam me felicitatem nacum effe nullus
dubito.

MDCCLXXXXIII
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i ponitm‘ Series axs - bxstd - AL s D — — i o 1S erit (axs —=bxSHd o pys+ad oy
~ ¢ (2] .
fiue p" = n 1)""]2 -+ P‘"7; e s PR R, e {ive etiam p™ = k1
e Pmyzxsm—{-d -+ Pmmxsm—l—:d o = }5]‘I)’«("+‘) Xsm'i‘nd' iy T W (d)

Hae, Terminorum integrorum, e g RS pT o+,  vel Coeffcientium
tantummodo, p™xt, PT, ... - p“‘;c(ll+1)'fel‘ici p™ notae, (quarum inter fe relatio
formula eenerali p™Jm+n = - pxSm-Hnd exprimitur Siona  Localia  ( Lokalze;

p p Lokalzeichen,
Lokalausdriicke) vocantur, viusque eorum in Analyfi, inprimis combinatoria, longe mas
ximus eft.

Signorum Localium p7s, A Jat-n. valores, -a feriei p, non folum
Coefficientibus, fed etiam Exponentibus, ipfiusque Pariabilis determinatione pendent. In-
dicandi ‘itaque funt, ‘quoties iis vtimur feriei p coefficientes a, b, ¢, d,. . . :

1 > 2 ) § » @,. .. exponentes
s, d, litteraque x, variabilem denotans; quod commodius vix effici poterit, quam fi {erics
ipfa ax® byt 4estH, .. =P apponitur.
. - 1 m, m, 7 %

Valores autem fignorum localium p™ar,  pfu2, o . . pUsta+n , de quibus hie.
pot1ﬂimum agitur, feriei p folummodo Coefficientibus a, b, ¢, d, . . .. determinantur

i i . e b e de s seee silsive’s et e i) 2
Signum itaque hoc: p gas s Py ad ] 'et“““ Plobeal. .| (praclertim
ubi loco @, b, ¢, d. . . . coeflicientes occurrunt magis compoliti et complicati) quod Sea-

= 2 .. S - 2 X
fam appellabo, indicat; Seriei p coefficientes efle ex ordine, primum a, fecundum &, ter-
tium ¢, quartum d....; idque femper addam, - quotiescunque fignis p™ur, Pl

o o o efficitur, vt figna haec localia S D
vtar. Qua re ef’nClt’Ul{,} \; f'?l ger pes ]( l.zn folum ftatim intelligi, fed etiam ipfo-
< alof : jonis et notis vulgaribus exhiberi WS tihs” Reaeas s P
rum valores, {i opus € > 118 : garibus exhiberi poffint; cui rei ha¢ infer-
uiunt formulm: combinatorio - mm]ymae:

m

Pkt — 4
m’z[am-—x a'A

phkr —
Pmm — ’"2([\“"" a?A - m%am—: B:B
me, — m'z[am—'l WA —+ mey ,m—2 3B ~- “‘Gam_3 ac
” ) 17 ”» =
Pk = mYant Q"A - mBam—2hB - 0Eam=3 ¢2C.. ..~ "YYpr=n "N

v 1) i

(8) Nowui Syftemaris Permutationum, Combinationum ac Variationum primae lincae. p. XXXIIL
A




a -

vbi Claffibus Combinatoriis a®A, b"B, ¢°C.... refpondet' Index (b b d )\b)
3o telte
Facillimum itaque eft, velorem cuiusvis fignorum localium p™ur, p“xz, . . . per fca-
2 :
lam “appolitam, et, qui ab ea pendet, indicem, exhibere. Sic v. c. poﬁto == erit

"2 (2bd—= %) -1 an=ashep "

I.m~—2.n—3

aMvah4,

a m—1
s

pPus=ma™""e +

\
Alia fealafit: q [o:, B, v, 8 euuii] et index (B L5 4' f ) atque erit
E e
#4 = gog . 0

&

§r =10
Duaze fint fealae: q [&s B, 9, d-.=1 et p [q%r, qfxz, Qs .. ], atque erit
P'V-(“—l-l) == (Il‘zﬁu—',_x).

Demonftratio.
(@x = Bx2 4 yxd.... 0 = i + qfeexfH = xR ete, o oo (6 L)= X, et
(qF;r,xxf __,_qfn,:xf—!-x i (fxa.\“"’- ) == Lyt - P Lpyifr “+p /’\IF—{« ¢
<+ plratoxtra, [l L =3 = (ax + B’ g0, .. )= ¢fuxt o qffpex '“‘"
=+ ¢funlfTE - ¢fyenxte, o, unde fequitur plr@-+n = ¢'fxan.

§. IIL.

(b) Nowu. Syff. Perm. §. VI, 7, p. L1V, et Infin. Dign. §. XXV, 5, p. 119. ™; "B, "C....
MOV,  coefficientes defignant binominles digmitatis mtae, primum, fecundum tevzium. .. nrum.
Non. Syff. Perm. p. XL, Signa a"A, bB"B, ¢"C..,,..1n"N, ad Indicem definitum, iis

femper adfcribendum, qui hic (b 5 ;’I: . ) eft, referenda, indicant, numerum n
) 25 ’ Sy vy

difcerpendum cffe modis omnibus poflibilibus, in unam, duas, tres. . . . n partes, fic, vt nu-
meri vel partes  minores praecedant, pates vel maiores fequantur; in qualibet autem dif-
cerptione ponendas efle, loco numerorum T, 2, 3, 4.... quae numeris iftis in Indice
refpondent, literas 4, ¢, d, e . , . ct quamlibet denique inde ortam complexionem ducendam
effe in Numerum Permutarionwm, qui nimirum indicat, quot variis modis literae, quibus
complexio compofita eft, poffint transponi, Sic, pro complexione generali 4% bR cv &9, .19,
: el H—Y;:;v—:”,_:‘*;mgl _—; , vbi @, B, 9, 8....e. numeri. funt integri
pofitivi, atque v—=u—~ B+ 48.,..~p Infin. Dign. §. XIIL p. 32. Nov, Syft. Perm. §.
I, 23, p- XXIV. Signum, exempli caufa, ¢C hic monet: 1) numerum ¢ difcerpendum
effe in sres numeros fiue partes omnibus modis poflibilibus, fic, vt numeri minores prae-
cedant, pares vero aut maiores fequantur, qui font: I, i, 75 I, 2, 65 I, 3, §3
1, 43 43 25 2 53 23 3, 433, 3, 3; numero  feptem 2) in qualibet difcer-
prione




e

ek
¢ r
SapUxta1) = (s+-bp™xn = (sHadpTyg@=D e o o GrdapTiglome—1)
‘ : et e Al
n
s(m-=D—4-nd
e GndapTgr == Tt pMHTgan

plo; b, 2 d° .-01(0©
D € m~o. niiftin ‘a<til 0.

r n
(a8 S BTt L e T L S YRHE = g sty g

mt1,, Sm—-D4=d =T, 5 (S -2d i s (- 4nd ;

Per ¥ i b L Rk i i SRR +4, et fumtis diffe-
rentialibus:

(m = (a5 + basHp oxs-H2L L )P saxST G- B Rl N CHIY) e P (s-rd)fy xS +rd—=t

n

e nasgas = ] s [sOn Pl SRR (o D OPTHE o S Do g
(s ueny42pTH s s rriat ot ety b ad) PR g B gy
ergo [}-)11!”“\5111 _l__Pmuzxsm_;-d. e .—}—Pmn(n—r+1) xsmvk(u—r)d T — Pm%(“‘i'l)xsm"'“d _'

-S(Mg-1) -2d—1

- i 5 - : n '
[saxs~" == (R DX s et e i GHerdaxS+r4=T L L, ) = (S =nd xS nd=1 ]

Sy —=d) S
——nT:g—T_ Pm-{-xn?_xS(m—f-x)-pd PO e T

o SnAED gy S(-D=1

m--1 P KIX e
(D +nd) oy, SN = T) - = sy 5

e e PR a0 X +04nd=1 | et facta. multiplicatione

USLISCERE

‘A2 2
> S aPm YL

I, 2, '3, 4...fubftituendas efle : refpectine - literas 4, ¢, d, ¢
nancifcimur - complexiones, (bh; begs bdfs; bee; uf: c7dc-’ d'zl;i~. ),
harum  denique complexionum quamlibet ducendam effe in numerum pemmmti(;num, 3er
formulam modo traditam, definitum, vnde fit (9C == 30>} ~+~ 6bcg —+ 6bdf -+ 3he* —}—, lc)zf
e 8 P Quomodo difcerptiones -omnes fine errandi peﬂ{ulo poflint ﬂ'nizi‘eri dogcuit
Excell. Hindenburgius, Infin. Dign. §. XXH, p, 73 feq. et excerpfit Clar, Efcher’lbachius

in Differt. de Serierum Reucrfione p. 16 — 20,
In fine huus  Jibelli duas exhibui Tabulas, quarnm prior difcerptiones = numerorum
£ == 10, pofterior valores - fignorum 1A, @?A..  a1°A; 628, BB.... BB etc. ‘ad Indis

cem ‘Ba b ;3 .. ‘continet, Tabula pofterior, e priori, fic vt modo memoraui, formata
> 23 3. o0 % ]
adhiberi etiam poteft, i Index eft alius, quam (’éj’ ?’ ‘3“ s ) Y C, (Pq e )
PE2g I Y,

Bt
By T rerdas s

ptione loco numerotum
qua fubftitatione has

ibe imi co literarum Qns o r hitores gt
{cribendo nimirum lo Bs v Tty Ps ¢ ¥, . refpective, eas {cili-

cet, quae in Indice numeris I, 2, 3. . + fuo loco fingulis, refpondent,

b T |
(c) a, a, fignificat, litterarum 2 by, d, .. (r—1) tam, (n4-1) tam, quae feilicet v aut
n locis a prima g remota eft,  Nov, Syffem. Perm. p. XXXVII,  Eft itaque hic litrers
¢ fiue n diftanrise exponiens. Conf, 1bid. p, LXV, 8, 9. Interdum diffantise exponenses

occurrunt  negarinis
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sapmmxs(m»{—x;-x -+ sap”'y.: xs(m4-1)+zl~x_ %A S gt S SameOH—l) xS n=1) - nd=x
= (i) [,Pmm_\sim-h)"i’d—x-' o ek i bp’“nnxs(‘“‘f")-*"“‘"

= (5prd) ﬂp""c (n=r 1)y S@+ D Hnd—x

: n
= (s-+-nd) apmmxs(m-)-x)+nd—l
& S@ED g (n}n)—1 St D) iy s(n1)+d—1 Sn—A-D4-nd) 4y ).
1ax5 Lt S e Y e ST nd—x
¥ ‘"+‘ P et == M} Eoat P * wax % . P P PAGER D) (1) eand
5
€Ig0 SIPTx@ 4D = G+dIPTUN = (2depTya—D L, . - GrhapTg—rtn, . . .
n

voe = GopudapTyn = ZUHD I

e Pt gie e O B D)
Coroll. I, Sit s=—n, et d=m 1 atque eft ;
= nop"yn-1) — @=0—-D0p"yn  — (2m—ni-2 ”Pmy(“"‘)'-- —+ Gm=—n+napya—r+n.,,

—n(111+1)+n(1u+1)

M, e
oo FOM ap e

P‘“+’x(tx+x) = o
ergo
~ r n
m—n +!>5pmxn — (:1n—n+2)tp“’z(n—x) R m—n+4-1)apMytn—r4-1). ; .-i—mnap‘";u
na
Haec formula continet : regulam Ifufiris Kaeftueri, Viri. Celeberrimi, pro Infini-
tinomii Dignitatibus, qua inveniuntur {fuccefliue coeflieientium P"x25 pMk3, pUx4 etc.

—Pml(“ 41)

fequentes, per omnes antecedentes (d),

Coroll. H +1/(ﬂ+,) amanA_lu_x’z(am—xan—:% aM=2¢ 10, | ._:v’tam—n.g.xnnl\l' /e)
my-1

P[n) b: [ d) .o o, ] <1' ] ;114.'.: -.)

n

Ergo

(d) Kaefners Analyfis des Unendlichen §. 56. XI. Si enim loco

n n41 A el
N, a4, byc,d.a @y pMur, pMua, pUKs. ., . PPrM4-D, pMxia-+2) in noftra formula, feribitur

DY, 1, 0, 3, y.- - AN, A, T, A, B Ln, L(n—+1), formula prodit Kaeftneriana,
() De fignorum p™xn valoribus §. I ~ Eft autem mt1g) — (m—==1); " H1P —=(m— 1D"Y;

2

-1 -1
W16 == - 1) "By .., DHYT= (n+-1) ’“L}, Scilicet L', litrerarum 9% %, €, ..
i — .
3 —r
defignat (n—1)tam, Binc Cocfficienres binemiales m””{ et™T7, qui fint et quid fignificent, facile
)

intelligitur,  Nempe diffansige exponenses etiam hic, vt alibi, vtiliter adhibentur,
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Ergo ;
sap™ wa-kn = G DIPTUN - G4 PTHO-D L e L~ G apTar
; gl &
= (stn-+ D-nd) (ﬂma“A +m’2{nm—!an e “’Q.’)Gm"C“C., 2 +manm-“+1n“N)
2 = b
‘Hac in" formula ponatur m==-—1, et eft
n
sapT K@+ s-+bpkn = (52T RE=D e s 0 s o g (s nap=inx
— nd ( A___[,nB_*__ CIG, 58 yroeiow ¢ e .i—nnN)
"ﬂ’ ;“’ ;
(b, grtads e,......)
. Iy 2, 3y Gy ¢ eievnlece e
Cafum  hunc, fime=— 1, fingulariter ponderandum effe credidi, quoniam primo

intuitu formula hac §pho Propofta el apphcan non pofle videatur,

g 1V.

sqfut @Burarn = 6 s+dgfxeqBxn =+ s42d)qs @Pua=D. .. 6 g0 Eramras . .

s (F+g)—-ndf
. = (s4-nd)q x(n+x) (]J;u= -_f—i-s qH-EK("‘“)

q B v 051

Demonftratio,
Scala fit p [4, 4, 6 d. .o 5 etCeft (§. 1)

sapTgein -~ GHOPPTHR EHOPTRE=D o . . (<+rd)aP #a=si) = o = (wnd)np w
s(n+1) 4+ nd
e e Y

Introducatur alia fcala q [ By, d...]etfita= qfx1, b = qfu2, ¢ = q’u3; etc.
atque erit fcala p [q'r, qfu2, qfys, .. . ] ergo (§.I1)
B csadq! fye ¢ = (st2d)qfy3 qf"’x(n—;) P ALl e 2 qf'“x(n—m)...
e £

s(m + 1)-}nd -
L. i gITRE = T G+ gy 5 et, fi ponitur m = ~,prod1t

sqfar qBr@) - csrqluaqBan 203 Era=n. « o = G %('+!)q5x(n—r+x> "R,
5(%1—1 >+11d

¢ = ——— — SER+ndf of+8 a0 "
- (spd)] K010 qsm‘ %_ﬂ -(lf+gx(nﬂ) = q ‘m 30 0. ED;

Coroll.




f4+8y 1)
Coroll. 9 s = fte-ignA L f+g—x'2(“l+g-»z[,nB+f_,_g_1s23“f+g.-3cnc
B PIPET
=] n
~+ Hemi@ufHemrD [ [ L, ., fremggafrs—ag N (vid, §. T et nota e))
3 4" i
Ergo
Sifx,l qEutatny = (Sleqfxz Ern = G :d)qu Euta=n . . L <s+m'.)qf“(n+x')qzm
-1
~ aA f-g=1)hnp fopg—1 n f4g—1yTn "N
= [sttg)fudf] | — ~= 2(—— o QE—C R —_— | aftE
206% 303 2 neg®

{i itaque g=—f, vel f4+g=o, eft
sqt Qfrein - etoqike ¢Ten - shagius e S, L. - ranqlr@ing g

“an n n n : n
SpETY S e B Sl R s S v L
o . 20% 33 fJot T iV

B, Y J\,s ..... )

f R TR W T R
Haec fufficiunt, ad formulae Efchenbachianae demonftrationem primam exhibendam,

§o o
P rio-bal -eam cat

Sit data’aequatio: y!' = x® — BxrFd - g p ferbad st
exprimere x* per feriem, cuius membra fecundum dignitates variabilis y progrediuntur,
ubi I, r, d, s numeros fignificare poffunt omnes, pro quibus.theorema binomiale valet,
hac tamen unica reflrictione addita, fitneque o neque r == o0.

& o LN tyira;
Lols | st | IGs4-ad) L 3D | Istad)
Forma feriei quaelitae haec eft: x=Ayr4By r 4Cy r 4Dy r +Ly r ..
3 Ketad & v
Rl Ay - )

Scalae

(F) Coefficientes fieri punctis notantur fupra pofitis.  Now. Syffem, Perm. p. XXXIV. = De
Sorma f{eriei fictae cf, Kaeftueri Analyfis endlicher Groeffen, §. 69o.  Si enim x = gyA
I 144
~+hyA--4, | [ | aequatio data eft, forma feriei quaefitae haec eft: y == YxrA+Bx
I425 ]
~0Ex A .... feribatur loco X, &% A b 5\ refpective. !, @, X, T, B, d, et erit
E ek, 11 +2d)
x = ¥y "+ By * Gy T ... da acquatio eft y'==gxt4Oxrtdfyxti*d, . ., unde
s Is+d) Is4-2d) (fequitur

x‘=}\y?+l§y r o Cy ot

Cu

Et

2a

x5

XS-

S

X8



Scalae fint
qlet, By s &+ o0 Jet p=1I4 B G FeEe s =
n
Cum fit y'= ax® I i Oxr+3d L ebgathad et

Is s S s 3 s

Sl T pSet-d s-2d Thik =
Y= qF e gt Tt e TR L ST el (D

Et quoniam

4 Ks1d) I(st2d) Kst3d) + 1(sind)
s Ay" A Gt orEE Dy gt
¥=Ay -+ By ke Cy y TR & Ay i .
std I(s+d) std l(s+2d)_ _<_-{:z_l 1(s43d) Sid Ko inlll 24
Seped o5 3 s r BRI T €Y a0 = T\eﬁ etiam
Sl -+ p &Y ~p - ®2y —+p  u3y « iy Py
sf2d  Kst2d) st2d 1(s43d) stad Ksnd)
x5 S T i 3 s
X5-2d— ~+p Ky —+p 2y ~+ v = D ougopy e
: ; ] sl Lohd stad I )
S T —_—
xshal= ey i b e Ry S e
.
simd Ksimd)  stmd st
! - S Sy e
xSHmd—- X ==p wy .-, '+P K Y O =i
3 : .
st@m-Dd  IGs+mald) sio—1d  i(sind)
: Icstnod
i . D B e A g R
sind  Usdnd)
X5 s - -
—_— P x()Y >

Sllb.




Subftitutis his in aequatione I valoribus, hanc nancifcimur aequationem: -

s ] Is s ]I(S{—r() s )x(ci-m) s N Ks+3d) et Y i¢stnd?
oo o o) e . = Ty - T g n e _—r
0=Aq w1 iy'—l— Bq" u1 ,y'—f— Cq ' lyr—f- D™ A ey ey e Aq" o ly
RS Dl , ghil "> o S i
~+p wq g “+p xrqx +p uwq ke P unq e
AL C Sl e gt Sl 2
+p§v.lqrn3J +psm q %3 -~l'--....—}—p5 z(u-—l)qrzi
s+3d s s-1-3d S5
+Psmqrmj +....-+-p s;«,(u—:)q : w4
st4d s

~+p ) q " us

s{md s

"l"P 5 #( n—m+1)(1 3 ¥ (m41)

s..,_(n—wd S
“+p ° wq
s+ud_ S
“+p ° wq " xain
3 : ¢
Eft itaque Aq " wr—1 = Ag'— 1 = o, et
e g
A= l‘=_Sq 73 4
s
s—-d s € S-i-d By s s-4-d -
ATEn == = ot o T s, =5 reg e
qum—{-pSzlqrzz=Bwr+A’To¢‘ B=3Ba" +u r-;aa £ = oet
Retd s iy Lshd
. = 5 s e
B=—2w * pB= e TR =_5_ e
r s—d . s—d
Subftituantur hi valores in acquatione A, et eft
s EMa g Jepd D
= QTR Y r e L) T PG e B
s s—+—dq

Valor




)

Valor coefficientis fifti C determinatur hac aequatione:

s 9+d s x+~d s S4d
r o
Cq %t =+ P “y2q we - p %t q x3 = o. .Eft autem P * ye, feriei, x5t per
st2d ”
: . . ST
- exprimentis. coefficiens fecundus, -ergo = I i . 5
7 €xp > ) g s2d 4 %23 quod obtinemus, fi in ae-
quationis A coefficiente fecundo, loco s ponatur s+d.  Continet enim aequatio A fe

riem, x5, per y exprimentem, et locos, quilibet numerus, five integer five fraltus, five po-

fitiuus ﬁve negatiuus, ergo etiam s -d fubftitui poteft (g). Eodem modo demonftratur, effe
st2d stad stad

s stad T or < &l ‘eni s feriei, xSt2d . p
P % = 5124 »1; elt emim p  xr leriel, » Pper y exprimentis, coefficiens
venin s
primus, cuius valorem invenimus, fi in ﬁcquatlom A coefficiente Prlmo loco s pom-
tur sgads
s <+ d s stad s
; L I s+d T T o g =
Eft itaque Cq %t ;mq x2 q w2 = Syaaq %1 q #3==o0, etcum (§.IV.)
s+ad s stad s wﬂ s
b T e e r e iy B A : 2
ST O AN s ekl el R IR G I =t 5“4‘1 %! q % = 0, etiam
s s+2d 5_ stad
LSO A r
Cq  wxr— S+ el %3 q ®1 = 0, ergo (‘—'swdq “3
s Is \‘hl l\S( d) \4—2:! I(:._Q_ q)
s ¥ T 7 = l‘ 1‘
et xS = _s—q ®IY '+'5+d] “2y =+ s—}—qu 3 y ¥ efies o ol
2 ‘+d s S+.d s
ie erminatur hac aequatione: Dq " u S5
Coefliciens D det : <+;(31 ( qQ w—+p % q w2 4p Sur q a3

"*"szlqr;ﬂ: o
Eft

(g) Litteram s numerum quemliber hic poffe fignificare, per fe clarum eft. Vera itaque eff
s+4d I(std), s2d. I(s42d) q S

S e Desonemhat T e -
aequatio- x* ¢ = $33'q ®LY = 5faa'q kY . » . Euchenda autem agequa-
I(s4d)

Se+d

s+d
tione A ad dignitatem e\:ponents — » obtinemus hanc aequationem: xstd —
st Ushad) =paLy

§ S 3
a4 pluny . .+ . quae cum eandem formam habeat, quam antecedens, idemque ex-

s-d
primat, neceflario in cocfficientibus etiam, cum ea non poteft non conuenire, Eft itaque p * y2
stad 4 .

s+d T
b= a2




:;l»-ﬁl s_—tad s-}— ad s4-3d s+g d c+3‘]
Lﬂ S-}-d TP e si2d __,-_ s4g8d =%
autem P #3 == 51319 %35 P %2 == 5130 %25 P Vl—s+ 39q zl; ergo
s s43d s Lad s S.;—gnf s
£ T sd T T_ s ad b =N
Dq” wi— Taq %3 q -4z = 4 W q i m Q=0 b cum (f. IV.)
_*+.d _{_ d s s-3d s
s fa= & =03
Faq x4 q a1 -+ S5 q e = o
S :—r—ad i 4 s-3d
etiam Dq 31— ”—H"_gd q ' %q # = o, unde fequitur D= s_l_gdq %4, et
SNy Ls std Istd) s+ 2d  I(sad) s+3d 1(\-1»3,!)
TR TR SR L T - -3 53
X = 59 wuy —+35Faq %2y -+ 5329 %Yy -+ sizaq nqy TR UL
<-L"d s s+4d s

L 5
Eq " wi—+p /4(1 }’“"r—P “u3 q “w—p e us + p uqius = o
. Eft autem
std stad ‘4 2d s+ad s+3d s+-4d s-4d sh4
g5 % e SEA S rte b st2d = ¢ Tes sk~ T . Ta il
P a4t =giuq- %43 P =sq w3 P w2 = staq  #2 p %
€ergo :
s s_—Hj s s4-4d s s s-f4d s
¢ F i,*‘_q =T T Fad — T s43d B so-ad- T =
Eq wr—53aq %4 g 7'2'+"3+4«‘ q wq w: i g g% q T S T %1 qQ Ks=0
et cum (§. IV.)
s-4d - c+4d s Stad s §4-4d s
Loy T §td:F o shad, = Tpe T sh-3d 2 THn 2 TS
STaq s QuiiFaq w4 q w2 -bNnaq  #39 w-bapaq  Ka q x4
§4-4d s
¥ .
%1 q e o, etiam
et s+4d
Ié i _____Q_ B ek I — 0: ,1.,,,{‘ 't E—"‘ e &
q = a2 q #5q %t = 0; unde lequitur =5 ct
S e isF3d)
< = LSE3¢)
X 9 yly +
=+ 5 ¥
n
Seriei qmd tae coJI‘c-cns \n—}-x)tm s determinatur hac ae equ 1atione:
> _s s \+ d s \—}md s
F — Bt %I
S T X,
Aq sk 0 q %2 p * x—1) q #3 . a=D mn-w+x> q A1) 2 5 i 5

ehiond,, S

s4nd

s

T S X .
R o #¥2q #n D #1q x@id == 0, in qua m<n
Ponamus, legem in prioribus quinque coeflicientibus obferuatam, locum habere in

Puu_‘.,us n (,UL’u cier ltlDLlS

five effe
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s Is <_-E1l f(s4-d) st2d  1G42d)
a0 RS R g g
Bo== e Ky, g aeys coRRE] MY S ok s
o s Camtm)d 1 (sof=ln—m)d) s (a-3)d (5 +(n=3)d)
s T e 3 S == ¥ g -
oo SFa—mad g #—m4Dy o oo sraaqg #aeD) Y
n—)d st(n-)d) st @=nd IGHa—=nd)
__*S_- T . r oy S A r T
=t s (n=—2)d (l 7'(”—!).' = 5'!‘(““)‘“1 K“Y e S R RN o O (A
s4d s=t-nd s4-2¢ s+nd 5
5 s i—}_— e S 5o SEad. S0y 2"%‘—‘
ZLt(]U.C erit P “n = 31nd 9 #¥n; P #@—=D = sid 4 #a=1); P xa—min)
stnd sﬂ"___ﬂ sd-nd s4nd s+nd

,ostmd Ty s o shaeDd SJEEAEUE Shue sl Se T ages
= §fadq  Ke—mdD; p #2 = "sfaa ¥ P * = sgaq %15 ergo

S s4-nd s S snd 4
B e BT s bad ™ T o fes
r s+-d N r s fad R B o §-=md I =
A xigpaq w0 q xeang o #0D G #3 .. =+ 5 nd =mtDq * gimtbn ...
shod s _sta s > b .
s+(—1d T ¢ T s-nd T ¥ “ Lamim s 2= 58 e
gt S ] ®2 q %0~ 5rnd %1 q  #0tD==0; eteum g5 q PACE 2 q“ %l
s+nd s s-nd S i s4nd s
skd ™ Ty T shad T r . §--md e 5
=+ sFdq & q x2 —F spa] #eD q #3 .. g #x@-ming o gatn, , L o,
nd IS
snd e v v
. S T g -wr g adD =04 eft etiam
P s4nd s i _s+nd

8o T
srnd g AGE SN

n s T T
Aq " pt—ma g wotng x1 = 0, et A=

Appatet igitur, legem iftam fi coefhicientes n priores fequantur, etiam (nftum
fcqui. Sequuntur autem eam Priores qum(%ue.c?efhcmntes; ergo etiam fextus, et
etiam feptimus,” et ommnes, 1n nfinitum

s-pad Kstng)
s ooy = oq . #e+y D b e, Coefficien s Ea e
Eft itaque Satd = sHad'q ¥ - e Coefficigns. (n—4-1)tus dignitatis,

2 s-fnd .. ) FEs S l;‘l’fv'_). S T
cuius exponens eff ——— ferici datae, dullus in s y==r=, tferminum (n—x)tum Jeriei quae-

[itae conflituit.

Theorema hac, fC\'it‘ﬂm.l I‘CX"Glrfifxaxs \'t}c']ue graviffimum, dubito, an alia via,
arte Combinatorio - Analytica dirette poflit inveniri.

s+d - stad stnd

. . S ——— — 1 o 2
Breuitatis cnufa, loco S VT, ST A I i L LT refpef‘:me °mJ Ym, 2m,

cum priores fex,

quam

A . ~"imn nml.
nm, atque, formula iam expofita fic quoque exprimi poteft: x7win ——_E‘l KDY
N P, £

n n n n n
—an L S - m — me2

n n
— - m — m=—-3
Quoniam vero (§. 1) g #G+D= O g SO P ) B B T o e
n n X
S m b )1 o 1 §

+ n“ I\“N == n’
C 2 [— m
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n n n

n 1 n
—-— 7 oo Hog 10 St ! . - _-I 7 1 -— 1m
y A 1 ﬁ s A A “{
HatA ~- BHB. 4 Cengat, -, Tin"N o , atque G e P

o a2 ol ol
n n n 1n n n
-_m T —S m+t2 A m+tn—1
B= =+ m Y; C=— "B, .. | I = == *m ‘: eft ctiam
: s By

n n
mix m+2 ~ 2. "mfn—l =1 nm
¥low= — om | a?A — Yb"B <4~ SBEAC s ae o rin*N y!
o:— 202 3a? na? ¥y

Idem hic terminus eft, quem Efchenbachius in diflertatione fua p. 24. exhibuit.
Explicitis fignis loculilua per combinatoria prodit:

I 2 2 2
=l m ; Lon e 13 Sall ! \ m
TS e < > ~~ %m '((I'A( - °m[ 'Zfa%-\ -+ "Bb’B]()’l)
m T2y [l «
—+4-°m § ?(ar A + 47\(»1} —l: né:L?C ] < )
Sm @ a?

o 4
~+ °m AatA "3[1413 —+ CeiC SDMD o iy ek
o = e =
n n n
o ! -—m o~
R Aa"A + ‘BB"P 3+ GciC. . e ﬂn“N <y >
fm- @ “3 “u

(8 Tonidy, o g3

atque, fubflitutis Claffium Conwmutouzuum valoribus :

g ——l ~—:Xn '—2“1 5 %
D <)_’_> ~+ °m “([j' > -+ °m [ Ay = ?b@: J (}‘ \1“1
@ m 2m | o R i
-— ln - ”1 1L
+ °m 2(0 —}—%"37 == kmj / )
g 3m @ s
‘4 4 4 \ l)]
+fﬂ[ ?fs—i— °~’,CA+A/-,+C/7-“/+»L *_J<)
4m &% o«
< . —S
+ °m [ ?f§+ ‘2’>(~Ps+ayJ) e Q\,,J’d—l— LBy®) —:— 04, y o+ @P> ](3
‘m &% a?

—+ °m




6 6 6

- m - m =1 k
A Uy —+ DRC~429s~+02) 4 C(B% +6By0+3)
6m e aa" ac3

N

- 943 f)\TéB ’Y‘) "*" @534“/ ‘:lngBG ] ("' ) -l— etc.

Exempla 1. Slt y = k—“g-\;"{"?-\s -—--7~x7+ — T x4 .
quacritur x'77. Eftigitur l=s==r=1, d=2, n==6, °m==I, m“::(m=13 s a=1, =1,
y=-+Tletc. . . €rgo .\‘77=f‘gq“‘3u7y’3=~-’7 [~13AabA 4 13D B~ ~3E6C 4-—3DOED

3T T . —BRFCFTYS ¢ a6A==y==-1 g i g p TRETLCE L
=GR +POF]y'S 5 WA=y, bB=2B0+y e+ & = P
3043 . (C—sfret6Bydt = omm 5 o o= 2L by By
357711 ek el s T ey “’s’ oty
Bl sl g 2 eGE—sPW—~ fiF=p% =] porro. T¥Y =1,
2747 9.25 3857 3%
—P = o1, ~BE=— 455, THD =-1820; ‘13@——-‘-—'6‘88 ~BF =1 18564,  Ergo
( 30559 _ 33z Iizs2 . 6183 6188) . 21844
CREDEE O, i el idha
T R e ol e R T SR T N
Si quaereres X '77, foxet caeteris paribus, s==—1, ‘m=—1, fm=1y, ergo
1y = — £ Y = — f [T URSATURBIB4=TUEEC - ~IDED —+ —EeE
Cowimr 6086 690404 52 2]
R e L | —— — 04 =y 152318 - T00X 8oog ao
= ugt F]y 340 {' 13 3 5.71 33537 ) 3353 3; 3 j>”
12R2 BT |
35777013

Duo hic termini, quorum alter ad feriem” x¥, alter ad feriem x~ pertinet, extra

A0t &) . .
ordinem, et ab antecedentibus independenter, cmtl's folummodo Coefficientibus et Fx-
poncntibus, determinati funt, quod et formulue combinatorio - analyticae E/fchenbachianae :

r u n
3 ST
25 (1) =i— °m [a7A — "ypB T —_I_annNI (y )

L o 2« 3“; ——n = v
ope, eodem modo fieri potuiflet.

stnd s

SERE) S i 3
Noftra vero formula, 3¥*I(n—1) = -=.q %@y * , qua ferierum reverfio, ad
eveQionem ferici datae, ad dignitatem exponentis quaefiti, reducitur, Efchenbachianae
longe praeftat et grauior eft, Si enim coefficientes feriei datae fic comparati funt, vt

digni-
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dignitatis eius quaefitae, coefficiens quaefitus, facilius, quam formularum in 8. X
pmpoﬁtarum ope, inveniri po((it, tunc etiam feriei inverfae terminus quilibet eadem
facilitate poterit exhiberi.

Ex. 1I) Sit data aequatio y==ax—bx?, quaeritur 1) x* per feriem afcendentem
variabilis y.
0 — ye— . . /¢ s _—(st2n) S-2 ;
Et l=r=1, d=2, ergo x*Jm4n = HL:H(] K@Dy il Cum attem
r. m—I, m—2. .. m—n--I y
e o oA"Y eft etiam
s st2n , s2n-+T . s+2n—+2 . . . s3n—1, buystm
s—2n I 2 3 Wy A n . astam
SS+2n~+1Is—+2n+2 ... .53n—r1 poys+an s
et 2 prai vy = aran - (ignum fuperius valet, fi n nu-

Pty == 0L (am1hn =

¥lan = -

7S g, b2ys
merus eft par, inferius fi impar) atque 3® = z—s —_ :?_{_;iz - ISL;E*E;__;‘
§. 8§+ 7.5+4-8. blys-+6 8. 53-9.5+10.5--11. b4ys~+8
R T as+9 ST W 4 D RaTEs s W KT DRC
s:s2n—+T.s~=2n—4-2 .. ... . 54 30—1. biystan

e TR T T Y N B S
D v 1. n ~

2. 3 SO o Y n as tan
2) x%, per feriem defcendentem variabilis .
Quoniam y =="bxz* — ax, eftl =1, r=3, d= — 3, ergo

2n=—s (2n=s)
p 3 > v =5
£lap = - ond  maDy %,  Eff ‘autem (gt == mLIhmnge
mm—Im—2 ,, m—n-T
— M=, . .
I 2. S n b"="a eps %
Q=g
§  2n—s§.2n—5—3.2n=—s—6., , « (—n—s+3)any” 3
330 == e e
5 o
3. 6. L R A 3n b3
_ Gn-s)
on=—s==3.2n=—8—06. .. .. .4, (—n—s+3)aly "3
o= e s
{ 3. 6. . 9 N0 e AL 3n. Hias
5 s—2 5—4 s=6
& 3 380 g
oY say 8. I—8. ‘a’y 5.3 —s, sa’y
atque x° = Z— - T 5 -+ o
b7z 3b3 3. 6 b3 36, 9 2
s—3 §=10

3 3
5.5§—s.2—s. s+ 1ay §.7—8 4=~8 I—55-+2 a’y
-+ ‘5_.__________;:‘_;.. s
3 ~0r n9n . % by i LB G AR At b3




x5

=12

_s.g—-s.6--—‘s.g—s.s.H—",n“y g

s R e AR Ponatur s==1, atque elt
35805 Gicoes vasis 130 e
3 Fag g e g 2o —i3
9 2,1aly L.2aty 5.2.1.48 3
gy g my L ehaal o BIRLARY L 107438597
3 3 7 % B S8t
b4 gl 3.6.9. b 3.69.12. b 3.69.12.15.18.b°  3,6.9.12.15.18.21b"
FEuanefcunt huius feriei términus tertius, fextus, nonus. .. sytus. . . Ponatur enim in
2n—1 .—.(2“;1)
formula generali x’Jat+-ni = — =2 plpaaoy- tieins :
ormula generali x40l = Bt L Y 5 M==3y—3, atque prodit
I Sy N
= — i sy —-+%  Conflat vero ¢»—1 = (bs3 4= a )= terminis tai-

tummodo 2y, ergo ¥ Iy = O, atque K= o.
xr+:d' xr+3d \T4-ad

- 3 : > 1 e T4 d Fa 3
Fx. 1l Sit data aequatio y' = X"~ X Az — I“.gg i i

S _S+nd>u
- TR 4 I(s-+nd)
A 2 : mn § ; B 8=t nd< r Is+Had)
quaeritur x°, Eft hic qmxa+n = S ergo x$74n == i
1(s —-nd) . Is I(s +-d) 1(st2d) 4D
) fos 3 3 s r \p —
<E (s nd)I At atque B == N e s_(siﬂ_z_d_)_y x _L(Sja_d;fy :
SR o Rl I, 3, 1 I.243:x3
T3 R
1(s+4d)
.1\3 T
e St o B T
2341 frudk
Aprnrebit inde, quanto cum iruitu haee de feriermm reverfione formula
s -+ nd 1(snd)

§ v ¥ adhiberi . 3 &
x3 P+ = = sy | adhiberi poffit, neque dubito plura adhuc, de quibus

nondum_cogitaui, €l ine(fe.

sed _formulon DA locelem proponam longe complicatiffimam, eamque genera-
liffimam, ' cuins. 0pe alia adhuc, formulae iam expofitae regrefloriac, ideoque) etiam
Efchenbachianae, demonftratio facillime poterit exhiberi.

G VI

(<) 4 (s~+mc)

S £ ) LA el p e L ot = N g

£ e R et Ermia—mn ] - aogs T aemins,
(o00) gttt gy il = SEFE Ll —dy)

3)( ) Te =T AR S SR N T
o« oo Ena)(g—nd) o) 1 ytntn)

#2qe%n. ...+

Demon-




Si verae funt priores n formulae, quae oriuntur, tribuendo in formula propo-

etiam erit formula (n—-1)ta. Pofito enim,

s 8.0 o S(EFE) ¢
AL g

(s+¢) ~a, — S(f+g)=cf—ds .
R + et = "G,

(s+¢) 2 (s+mc)
[T e B e e

f+md

m-1); —-q frgiymin kmiygE My
"

"

m—+—x), & qmqlu(me-x) + (f-{—-d)(gld)q IgaqEdy’m... (ffTrg‘Zd)q“md"("‘“"lg'md“““""""‘7

”

<9
n); fq”q”n"'(f-b(d)_.@q EETL Lo +(f+(‘;#cm)q‘+“"/.\qul'““’z(nm_», Hih
atque vitimo loco
(s=mc) ;
T+ ) E=9 1 e R A
dutisque hifce (n-+1) aequationibus: (a=+1ta, nta, ....(m=+0ta, ... (m—41ta, ...
or o (@=md)q" By min; ....(g—d)q*Byn; 89" 8xcuin; Erit:

a—1); flgq‘mqgmum +( f+dyaqe=dun, ., 4

fita oenerali litterae n fucceffiue valores o, I, 2,
ita g

s{f—+ z)+m(tfj—d‘)l1+zu<m+u
T iU+g)(g—md)

ot )i —d)

~/ind, —_—
(s'me) g mdyemb ) g = &)

~+ - ma(e—md) |

5t

: ot (o)) o
(s-+(n—1) ) =1y 80Dy — Byn
-+ (T_,_‘(.ﬁjm—:(u—;)d)q 1 HEg)g—(—1)d)

(s=nc)
(nd)(g—1d)
< (g—'md)q " Bycutmry -

s-(n—1)¢ St (o 803 e
+ E—DDE—(—DDL N
2da, 1ma, /"ngu/xf refpeliive in (g_“d)‘l"dx”” (g"l,""‘]\‘—‘l i

iy = §




1
Bike)
5~ 1q8 ) P

- X

Gste

=+

e 3¢

st 'm./ £
i

qfuiq® piming™d

=)

9% Fuaqtn g Sk

5g .
T4 Gt QP
Quas (n—~-1) aequationes,
3049 yn et ds)
e 'hqf"”!z(ﬂ-bl)q"d'

@S, unde fequitur § =

Eft autem, pro fmh q [o:, B

I Pu

;,ao A
Zafuage o
21 o
”‘1 e

1);

2);

.>(l”—d” qg

Sive, vera éft formula prima atqae ﬁ;uua’u, ergo ctiam  fertia vera eft

etiam funt rel

Coroll.

fui qhi4nd, =Xtk
A% Q" F M -
e
- e

Pofitis vero s

une* quae fe
E formuld ifta generalt’
Gt0)

0ty 4P

1 g
B) qfxt qFrosn 4 g (‘7",

m

Grd) g

Bt = @adq"Eas,

= oz

uuntur - formulae in infic

fg, ¢ = — fd,

2

me—-g
(Jf+dx2(lz-dznqnd~gn‘ il

Vi S 5y (ant0 G

0 b
Q)L’< Hpags da .,ﬁmv»z,_:

2 QE e m P B, ' wmin i

7 i)
22 @5 Spm 4By min. H 1y g 2 gl B

—d) £ n
}1:'_, O2 Bt g

. 3 . 0 5 Lo T
fi-addendo coniungimus, fummam ' invenimus, (5. 1V.) ferici verticalit I

(S=-nc) (g-nd) ¢

stae_eiulyed!
EFnd) (gud) ndd

Eft itaque

ind

SC4 3 ¢
£f4-8) (gnd)

dioeco

(42

Ao 1S Mg ==
) —-n(cf- i
- ks

(FExatn, S itaque verae funt priores n fors

lf—l»xy_,

XB < ‘; l’l-d—x@ SE=dn (‘__
, cuimque igitur [muw el
grap’

itum,
dit

Vera igitur etiam formula eft initio pard8

plures fpecialiores poffunt deduci. Pofito enim g==li—+nd, P/
gy DDl
stiFhndyin (cF—ds)
[ Sy

nancifcim

Eaps ko
qf Hitad a0

2 gy = e

b
o S g

£ d,
S PR DG .

-n(dfs 4 dfy
+© @gud)

e

2+ eyt = ¢t Epen,
Formul A

i |
i

v
13 ety

x

Stne

nml o

(w0

Formula A, pofiti

|
|

12 5
N

Prtien =0 (i n > o)

SR (sHna1)eXg: u:l)r, £4{0-11d,,n na-Ln1]d,

Frfndy
frud

n
@t d-8S

SCE4 g+ [aa)cEds) ¢
B e

Fady o yyq80d, 7 gud:
/#|‘“nl+(f,.m)<gnd:q ‘e F T qud gy =

nd-g,

(Frln-1]d)g-
n-sje)g in- 1) _fHn-Dd
annd el

- e,
1“1 B Jea e

___ sEHDmCEds)

P 1P B 13
(1) q DG Bt
”

= e
TR
"

fie nd-g
9 #uwtnd Kamen

stk +
G |
R q B g

‘quc,, qdten

Sne
feriei autem @ = ;773
S(Fca) o nideisy

(0

etc. ntae = 0;

Secundae = o etc. (m~=1)tae o,

f+8,, Ny it
P S By B - o RS,  atque TRyt B

m eft (n—ta,

5 bof—ds
8 g~d)
Verae fint, v

Qi k. DI

(paties = Skt

1 etiam eft quarta, cumque fic argumentando continuare poffimus quovsque velimus, verac

== £h; = o, mutatur in hanc
f'-_ch nd

Qi
~+ b - 3 S

ad e+ ho-(an)d,
Gt @i = aaamged | % T ...

foi- o ndy o)
e
5
id

S NGy e |

fh o ;
seai o (T_G,I\T\x‘l Frdgaeng
: St

2 T, atque erit

Ponantur in formula B loco*f
d

e

, @, refpebtive —
s4-d

q T u

s

. quibuscun

G " peman. .

34

e T
= o 4= g Mg

Lrgo, pro literae n valoribus 1,




_s+1xd ( ) s _S—+d $4-d
£} T PLEE s T T
D, 2) el R@A-D == = L?q. ¥l QK1) —= 5111(] %2 q ¥n ot

_S+md s~ md A Bafhe (u-1)d S+(n 1d " c+nd

s T r & r SR
st anie=tey s+m\lq y,(m-;-l)(l ®am+n ., . s (u-x)dq an WZJ (]

FASS

Hac formula vtemur in altera, quae nunc fequitur, formulae Efchenbachianae

demonfiratione.
& §.. - VIL
Si data eft aequatio y' = ax® — Bx'rd o gxh . Jrsd L erit
18- Is _s+d 1(s-1-d) _s+2d  Ks4-2d)
Rl ¥ 2% 4 I T e X __s__ T b A
o= s q fcl ) =t s+dq w2y == s-|—:dq “3 Y Qi)
= _sj:Ld L(s-;-ml)
S r X
R sfudq xlat Dy 3 q [“) B: Y J hiein ]

D emionftratio
S =y BBy T O Dy R
Quoniam
y= oax’ +Px'+“+fy\"'“d+<§\“+3d iAo e by

is s s ot
y =q s+ g wa xH gl BE0 g gy X5 ;
K std ad shd
o= qrzn xstd qry.: xst2d qrxa ot L,
Is-t2d) stad stal
yr =qrzxﬁ""“—l»—qrmx""”—!-.....
Ks+3d) s-{-;.x

l'
y L R T A R
atque, fubflitutis iftis valoribus in aequatione r, invenimus

Sl Sre s hsm S
= -} /.\qr 1 l,\s -+ ;:,q i %2 1lx:+‘l —t A(] ; %3 -+ Aq r)M | xst3d,

—= st s
+Bq r;clJ —l—B(l 21 +Bq rm

siad } : stad I
— Cq J —+ Cq Ty
s3d.

ot bqr )

Eft
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Ef itaque
s s
- I i % S renpiin S =g,
1) A= v = T = o =51 «t
(1 l‘u[ “f 4
S5 JHeid 3 -3y L s34 3 | cstd
% s e e
o) B g Fpiqa=— 1 wqw:iq n=yg eV
Coroll.-D, 2 pro° n == 1) .
s <+d -\ snd ( Sy 8 _5ta wd] stad
s ¥ r S S T
3)(-——-——LAq TusebBq T x2)iq | m=— (7 #q wtrq  mqir)iq m
s+1d
= =59 g (Ibid. pro n=12)
s s+d wnd ~] sﬂd 5 s _S.Ld §+d
4) D= — (Agq *xatBq "+ Cq " % ):q m=—2q m q mtg w9 %)
‘f.ﬂ s+ad -\ s 3d _s+3d
X e adey x - r oy P S : 3
+ a1 ®4 x):1q  w = 7@l x4  (Ibid. pron=3)

In oculos hic ftatim incurrit, legem iftam, quam coefficientium fictorum

AiB; C; 0 valores hic fequuntur, in omnibus fequentibus etiam effe valituram.
s Is % S_J(_il Ks+d) 3] s+nd I(s+nd)

. S b T ] r T
Eft itaque ¥ =<9 i et %y R o ?Sm;q T ) b
Q. E, D,

§.  VIIL
Problema
Data aequatione y' = ax’ -+ Bxr+d - gy, L 4. . quaerere logarithmum

naturalem variabilis x per feriem, fecundum dignitates variabilis y progredientem.

Si fpapilss Ay S b8k -0l

s 1s
A - 4 hi - ThxT _— -
Siyl = ax® - fBxH 4 gL eft (5. V. et §. VIL) 33 = $q Tyt
s + Is4-d s42d  I(s-2d) 5 1s std  Ksdd)
s o T R 3 fe e e e T
=+ Fa g y,-y —+ 5524 9 7T g e e R A — U e e T T | my
stad Ust20) _ stnd (s +nd rl» 2
e Sren ¥ s 5 =X, XS —1 = =
~+53q #3Y e = d #wtD g eI a0
_ std 1sd) © _sfad 1(s42d) _s4nd Us+nd)
T T el T T ; = 2 L
SERMBERET R O DD SO e ) N ik ok

Pofito




(_ < l,)‘ ST
2 ELr ) e %
Pofito jam s == L mutatur Ls”—l in log: x, atquerZ? " % iy log.: & “y*;Eft
Lo, __{ 4 2d 2ld 1y 3Bl nid

. Y T T .} r r —“',‘ R N &

gaql\ie lIog x=log.ow "y '+ 49wy 4 g yrr_,_.' & E'nidq cnm) g

Exempla. Sit )’——ou-l—@\’—i—'yxi : eritlofr.x._—;lo(r.% + 1q—ury? + lq“"us v

+z 9-6”4)’6—1-'q“gysys—-l—ioq'mréym-!-....-—105; —-—-( ) fW ’B)< )*

n xZJ

: (£ 4000 o= 98y agie>) ¢ <BS ¢ , 4
B y £ g 9y>  45R%y 16¢/3 "]
=t L T 85 W ;-%U(z) [__ TOR R R a’ / ( )
.(__ € 1ifer 1199 66/3%8 ()()L'v 286;6’37 1001/3%) ©
-+ A m ) ‘ T o e BN BT e —?EJ' "; - etc.
I) Sit x = tang'y, five y=x— 54 I — 21 + 5x9 — {1 ... atque
erit log. x = log, tang y = log. y ry2 'rh - 4 ([ 7 it
(o : gy 0g- ¥ +§) B 5‘*"2 )) 30 +M1]V
9 9 45 165 e Tt I 66 66
~—— -+ A o o e —— e ey
el 3.7 77308 T greit aehn i (it ig e s.7+3~.7+ 2,53
286 'OfOI-] 10 - 1 _'. -2 _Z. 62 127,
3 5 SS;J)‘ ete, = log. y —+ 3}~+ 9OJ4+ 28“5) == Iptoo)

14
=)= ’6'58‘,5“)“ e e d(h),

ST 1 1.3 1355 1.3:5.7
2). Sit xr== fin Bt 3.
5 ) ¥ \ - 245 5 —= "467A +2-4-6-5~9~ x9
L2379 e Pt 57
+24581011 X dm,, '"X+Z§x’+°35\+ 7\ +,T7“31x _.}_“7?1 X
: I ;
atque eft log. x = log. fin 'y = log. y — ~2,3)2+L 5+ ”z SZJ}4+L o
7:3 oef T e e g 9.5 32 453 16
—_— — < e e S . 5
e ke T gat. g {7 g gE ok 23.247 1 206 52 T2 3o g 4;,4,34})3
i [ 0 LIN5Te 11.3,5_ 66.5 66.3* 286.3 1001 )
(T 2.3.27.3% 23,5 2%7 02.3%,24.7 0.3.26,52F 53, 33.2575‘575—53))"0-*-.
w.==log y __},z___y4____1 HERh LN e S S P
6 180 2835 7 378007 467775 e (D 3)

) Sis?lj“l_’a ¢ D, ﬂflme;':c fignificant Bernoullianos, oft log, tangx:lo Y-!- = ,2':—»;3[),
s 3 4s 0V S Gy,

o e

)u
-
o
0\

AT, = = ~2’2[ TR g 26G .59 j
() log. fin y =log y Y T e = 35.64 ++»+ Hacc formula acque ac antecedens

(nota )
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3) Sit y == ax ~+ bx3. Quoniam hic qxt+n = myTam=she atque, log 3Tain

: Yoy 20441, 2n—-2..2n+3. » .-3n==1 - by
T ey i a— bty = = -2
= a9 Puetvy 2n Lla=b%y A 3. 45 T ain
: ot Lot b el USRI AR T 1l R
erit-log x = log 7 = T3 a=aSx T, 23 a9 213, 49 a2 et ot
§y ~IX,

P oR D 1 eridn: 4 .
Data aequatione ax® 4 Dt - pafeRd, =yt - Prrtopeprtad | quae-
rere x%; o per feriem fecundum dignitates variabilis' . progredientem, *
: §.0. 1w thi. o ~
Pro Scalis p [ &, b,.¢, e S b R 8. .. 1, ert, introdu&ta va-

riabili nova y, vtrique feriei aequali (§. V. et VIL).

S e astnagdd Eshadoetad L o 5E8d 4 sl
BT A b SR e T r o 2ot t PR
¥ =5q Wyt g ey s, @Y bl Yo Tk s
Subftituta vero loco y ubique ferieiazf = b fobd = czf”+-¢‘>+ .. per. Metho-
dum, ab. Hindenburgio V. C. fic dittam,, potentiarum, fton .
£ & oo ] o s ey ey
AL il by e o b S T 1T RN e
a=5q mp w)2B+5q | wIP uzl 256t —q wip. #3|% 5. w1 P xg |
SEAAEIn vstd s > v ST :
_f.. & —l:— r Y __]_*“S-‘ 5 b l ‘—S"‘ ;~ ’T_
G X el e Fhpad e +iFil wp w
sl Sdadsd | sf2d  sad
, R 18 r 5 e A D
] @D W ~Eq rn’;p i
—shad ; sad

i r ¥
- : e ; ~53d #4p- )
~~ etc.  Trrminus huius feriei gencmlu eft

{’ . N = § _c_+l‘ S_+__“ - s4vd stvd

; 5 = : 5 SR s

~ 2 . = ;

by = L5 - MP RN =EEG.  we Doxn., s s q « woh plrnn ..
. 2= 2dgd stod G

= Sy
R T T D) P % mJZf(S-i-nd)

Ex-

(nota h) facillime ope caleuli differentialis, demonftratur, adhibitis ‘GGQ"aJonibuq' tng 'y
g
- ’ ay, et t L gt Ul I ¥ e Pt O
== cotang. y = 2cotang. .2y, € ang y= Ay Dyys ~Dgy5.
1.2 1. 2:3-4 1.2,3:4.5. 25

Le/mm Magazin fir veine und angewandte Mathemazick; Z Zyweites Stiick 1786, p. 269, -Coef.
ficientes 9f, B, €, . . . . etiam hic (vt-ia nota h) numeros Bernonllinnos fignificant,




24
" : x 1 I
Exemplum,  Sit 1 ~4-"3Y12 4~ —3B13 = 3@t . .. .= x24T Wnh=-"Bib4 2@t
X 5
fiwe 2 (=272 = X2(1+X2)2> et quaeratur X Quoniam hics=3, fe=I'r=d=%
P4 s . !'_.'_5 e
5 5 % 3
Ukt = YL Pty =30, erit xF =24+ | A+35 ("I_} 7
5 Q. o, 1 3 5 g5 5
{"’35 oy o : =% } 2= -3 =Y *'ﬁ\":-,‘” =g e g
+L 3"*‘—9‘ 2{ 2‘+T’3 %J'L +L Q'{"% 2( %"""5‘;‘ Cb ?l+{, @:)Y‘
s 3 13 17
35 & 1785 43785 3
et s ="t it e e Tt

Coroll. - Formula generalior arf—-bofH6 4= o128 | = gt 4 Bxrtdqumpyrbrd
ad fpecialiorem hac §pho propofitam reduci poteft, fi {3 numerus eft rationalis pofiti-

vus.  Sic v. c. aequatio au3 b1 —c17.... = ax~ 32— y83 . . . ita exprimi poteft:

a3 —40. 14+ b5+ 0126 ... = uxg—ko- x§+ o. x% —l—BV% ~+ 0. x’;. ... Idem valet
de’ formula generaliffima:
(@1f - befte—caf P8, yr== g BxrHigited | fi 25 numerus eft rationalis pofitivus.
Sed haec fufficiant. Agam adhuc breuiter de Leibnitiano ad ferierum reverfionem
pertinente problematey quod ipfis Leibnitii verbis Hindenburgius Vir Excellentiffimus ~prae-
fationi operis de Infinitinominii Dignitatibus p. XV. feqq. inferuit.
TR
; Pt oustb 1 e Tm
Sit data aequatio’© == oIy —=,02y? ~ 03y3—+04y4=+05y5...~(—I0~+ 11y
- 12y3 - 13y5- 1474 = 15Y5....)2 == (20 = 21y —+22y* ~+-23y3... J1* =+ (3043 1y
+-32y2=4-33¥5.... )13+ (4o —+41y... )2t....etc. (k) exprimere = per feriem, fecundum
dignitates variabilis y progredientem,
Solutio,
Nihil' aliud neceffarium eft, quam vt in aequatione Afta 2= Ay <4 By? + Cy3
D>4+ Eyf ~.... determinentur valores coefficientium 4, B, C, D, E.-.q.uod fic fiat:

Cum =z = Ay -+ By? + Cy -+~ " Dy# + EyS.....
eft> 77 = b2By? ~+ [3By3 —~+ Db4By+ ~+ BSBys. . . . .
] g3 == =+ ¢3Cy3 = c4Cy# -+ oCys. . . . .
R : —+ DDy# S DIDVESE,
s % ‘ ~- eSEy¥% . . ..

(k) Aeguationis coefficientes loco litterarum numeris hic defignati funt, = qui itaque tantum fiditii feu
foppofititii funt, quorumque nota prior potentiam litterae 7., pofterior, potentiae litterae y aequalis
eft, ad quam coefliciens pertinet ~ De « oeffieientium per numeros notatione Leibnitiana egit quo-
que Hindenburgius V. C, Nov, Syft. Comb. p. XXXV,




5
Subftituantur hic valores in aequatione data, atque haec prodit formula:
o==/(o1y —02y* 03y} =+ ogy* ~ 05y*. 35)

- (— 10+ 11y +12y? +I3>‘3+14y4...)'(/'1y -+ izyz B C"y3.+. b)’“’*"Eyf....}
~ (2o+21y+22>vz+23.>_3...) (62By® ~ b3By3 ~ bBy# = bByS. .. .)
(30 31y~ 32y? 7. ) (@0 ¢Hiyh =+ S0y L. L)

St (40 - 4T7es++) (OADYE OB (50,0 Y (ERS. ...) o4 oo o) iue

osie Sl ozly* 03]y oflyt =+ o5y
Svihife - Ayetine 0 B ek ARy plese S e
: —+ 1II 4 4t 1B FES s sy
o 1.2 A -+ I2 B o \.C
¢ e ] Jé -+ 13 ]}
: a1 ‘4.
-+ 20 0%B] -4 .20 b3B ~+ 20 643 Sl s s
- 4+ 2108 A4 21BBl 4+ a1t
~~ 22 b2B i Maucmn
. . =+ 23 62B
~- 30 ¢ ~~ 30c4C 4 go6C
4+ 318C| 4 31eC
= 200
St i) -+ . 40 5D
~= 41 b5
Ef} itaque shene
A= o1 .10 . . .
B =[os + 1T 1_1+2ob=1;]:;o :
C = [o; S e s e 20 03B - 3oc3(ﬂl A0
| i e ﬂ ~+ 21 6*B j
P fopietndt Lot z°b43+3°c"c+4obﬂ)7zlo
l +123+2IB?B+3,C;C I .
L -+ 13 A + 22028 J'
S oy 1 [) ~ 20 BB ~ 30¢5C —= 40MD - SO¢E] : 10
-+ 12 ¢+ 21048 4 31¢4C 4 41D4D l
\ +133+2:b31}+3zc;c ‘
% +14A+23b28 )

R Index




Index, ad claffes combinatorias pertinens, eft (A’ B, C, D.‘ )
s erae Bikcasy Frsy
Lex combinationis. complicatiffima, quam; hic coeficientes fervant a Leibnitio

vibis perquam obfcuris pronunciata, dignis hic combinatorio-analyticis clariffima red-
dta eft.  Iudicari itaque poteft, etiam ex hoc exemplo, qua viilitate, quoque com-
nodo, figna analytico-combinatoria in Analyfi poffint adhiberi,

Caeterum - ‘apparet, coéfficientium B, C, D, E ete. nullum extra ordi-
nem  his formulis . exhiberi; -quoniam aequationi, qua -determinatur,  omnes  in-
[unt “antecedentes. Si itaque . defiderentur formulae,” quibus wvalores coefficientium
storum, datis folammodo coefficientibus, et ab antecedentibus ill!‘!'z“[ﬂ’ﬂdt’lll‘f)‘, exhiberentur,
opus.eft, vt in qualibet acquatione, valores antecedentium fubftituantur.  Fiat hoc,
et has mancifeimur aequationes:

A = oklo="
B == o2107F ~ OLILIG™* =~ 20.01%.i073 :
C = 03107" —~+ 0L12)10™* - (2)10,01.00) 1073 = (3)20.01%11.) 16™4 * = (2)20%.013 105
0:.11} — 012,21 30,01 3
-+, orn?
D = 04107 = ori3)107% = (2)20.0103) 1072 (3) 20.01%12) 104 (6)20%.012,02) 105
—+ C2.I’.’,l + 20,022 — (6)z0,01.11,02 —+ (4) 20. ox’;x‘
—+ o311 012,22 —+ (3) 30,01%,02 —+ (6) 20012112
(2)01 1, ul - o135 —+ (4) 30 o1?
~~ (2)o1.21,02 -+ (3) ofaaif - 40, c1t)
2 -+ 1%, 02 -+ oLu? )

- (xo):@".m;.lﬂl 1078 = (5)20%.014] 1077
—+ (5) 20,30,014]
ubi .numeri, parenthefibus inclufi, wveros fignificant numeros.
Quos valores, cum paulo accuratius contemplatus effem, legem in iis inveni,
quae antea nondum eft obferuata, quaeque haec eft:

Continet coefficiens quilibet :
1) Vnionem, cuius nota prior, o, pofterior, numero coefficientis quaerendi aequa-
lis eft, dutum in 107%

2) Se-

() Valores claflilum ‘combinatoriarum hic occurrentium, depromi poﬂ'unt ex Tab, II, huic
libello adiunés, feribendo ubique Joco (3 ¥ 0 ¢ ¢ . . . refpettive A B c 1 RS o




») Seriem’ binionum, duftam ‘in 1073, ternionum, du@am in 1072, quaternio-
num | duftam in Io—# etc, earumque omnium poffibilium, - quae’ ex datis coeflicien-
tibus (excepto unico 10) formari poffunt, legemque , fequuntur hanc:

3) Summa notarum pofleriorum aequalis eft numero coefficientis quaerendi, cuius
complexio ipfa membrum eft, priorum vero exponenti claflis, ad quam complexio per-
tinet, demta unitate.

d) Coefhciens numericus, in quamlibet .cn_mplexionem dultus, eft quotiens, or-
tus, ex diuifione numert Permutzacionum, ad complexionem pertinentis, per exponén—
tem claffis, ad quam complexio pertinet. '

Complexio, v. . (2) 20.01.03 occurrit in valore coefficientis D; eft itaque
fumma notarum pof’:criorum o+ 1-+3=4, quoniam D quartus elt coefliciens, Prio-
rum vero, 2—+o0—~+o=3—1I, quoniam ternio eft. Coefliciens numericus 2, du-
&us in comple.\'ionem) eft quotiens, ortus, fi numerus pernmmtionum, ad complexio.
nem iftam pertinens, 6, dividitur per exponentem claffis, 3, ad quam complexio, quo-
niam ternio eft, pertinent. In alia complexione (3)30.01%.02, quae etiam valorem

coefficientis £ ingreditur, eft fumma notarum pofteriorum o1 I~+2=14, Pfi()—

12

rum 3—+0-+o-+o=4—1I, et cocfficiens numericus 3= 7.

Diximus lupra, complexiones omnes pofiibiles, quae ex datis coefficientibus for-
matae, legem fequuntur pracicriptam, exhibendas effe; notandum vero eft, nullam
complexionem plus quam vice fimplici occurrere pofle, fiue nullam complexionem ad-
mittendam effe, quae, Mmutato partium, h.'e. coefficientium ex quibus compofita eft,
fitu, iam adfuit.

Methoduv-\,"cu}us ope omines complexiones poffibiles, fine magno erui poflunt
labore, inueni quidem, afforve autem nolui, quoniam, praeterea quod ipfa facillima fit,
[confiftit enim in pumeroruim dijcerptionibus (m) atque variationibus (o) ] eius inuefti-
gatio etiam, non difficilis eft. .~ Methodi iftius ope, coefficiens quidem quilibet extra.
ordinem, ab antecedentibus indel)cndentcr, datis {folummodo - coefficientibus, poteft
determinari, 168 commodum inde proueniens, vt opus non fit coefficientibus anterio-
ribus, alia ex parte perit hic fere totum, et multitudine membrorum tollitur , quae
iam in coefhiciente quinto permagna eft. Verum tamen fi quis terminum aliquem extra
ordinem defideret, methodus alia quaerendi eum, ab antecedentibus independenter,

: D2 nulla

(m) [ufinirmomii Dignizs § XXIL. p. 73,
(n) Ibid. §. XXVi}, 4. p3g. 129.




nulla fuppetit. Patet antem, quaerendorum, fiue independenter; ‘five per anteceden-
tes, terminorum in hoc aliisque id genus problematibus, leges, nulla alia ratione pofle,
tam breuiter, tamque perfpicue, tamque etiam ad vlum accommedate,” quam formula-
rum combinatorio - analyticarum ope; exhiberi. _
Res ipfa tam memorabilis mihi vifa fﬁit, vt plane filentio eam praeterire no-
luerim, praeflertim cum coeflicientes etiam feriei, quancunque dignitatem exponentis
integri pofitiui litterae z, per y esperimentis, fimilem legem obleruent, Conftat enim
4, B, GD. ... ] pertinens, ex ferie Con(n)nationum, dufta
S R S R
in 107", ex ferie con(N+4 Hnationum dufta in 10~ ete. usque tandem ad

#°N, ad indicem

con(2IM—mn)nationem unam peruenerimus, quae dufta eft in 16=@=" | Serierum ifta-
fum . complexio quaevis multiplicata eft in coefficientem numericum, qui eft quotiéns,
ortus, ex diuifione, produfli e numero permutationum, in n, per exponentem claffis;
Summa notarum poﬂeriorﬁm aequalis eft m, priorum exponenti claflis, demtis n uni-
tatibus, habetque quaelibet feries complexiones omnes, quae ex datis coeflicientibus
(excepto, ut antea, unico 10) fic formari poflunt, vt legem iftam fequantur,




29

T-H E-SES.
3:
Ad fuuenum ingenium acuendum et formandum, aptiffima Geometria eft.
: 1L,
Errant, qui exiftimant, lucis et foni reflexiones iisdem plane legibus contineri.
111, i

Varia argumenta, quae contra motus exiftentiam in medium attulerunt veteres
hilofophi, merae funt argutiae, mera fophifmata. Dari veras; easdemque grauiffimas,
difficultates in motibus corporum definiendis, Optica oftendit cum Aftronomia.

TIILL

Nullius corporis poffumus in Phyfica aut Aftronomia motum definire abfolutum.
Motus, quos nouumus et definimus, omnes funt relatiui.

V.
Formula CI. Fifcheri (2)
a cal 6 c*a’ 8.9 cla?
Ayx=— ¢ F 5T 27 +;§‘bT—etc.

ua radicem  aequationis 0 ==a - bx ox? exhibuit, a formula Cardani tota pendet,
et inde poteft derivari, tantum abeft, vt illa ad formulam a Cardanica diverfam et
fimpliciorem viam monftrare poflit; id quod Fifcherus non vidit, operamque adeo in
collatione formulae fuae cum Cardanica inutiliter collocauit. ~Ponatur enim in formula

3 2 TR 1 b3 ey 3
Cardanicax:"-\/{——l—}— = ‘V‘Cﬁ o e }"*‘V il \/(raz—l-"l—b”s‘ }

=% £ | e
2 ¢ 4 c 273 - ae 4c* 27¢

I a V2 a? 1 b3
avry 1 1T S e —_—— — o —
breuitatis caufa = A, (4 T o) B, atque eft

g 3 3 3
x=\/,.,_A..|..B—}—-\/--—-A——B=\/B—-A—VB--S*--A
Tfk autem:

s Sl AL }..~%
Vi e A e Bl e B A DB AR e YA 4+ ete,
X X A 24 -l X e
e = B BB GA - OB Tas 4 6B L.
1 2 1 8 1 14

Lrgo x = — 2 {?wz A4 QB AT 4 @B CAS 4+ .. ...

==

Qo i

Hinc

(%) Theorvie der Dimenfionszeichen Th, 1, §, 231, 213« S 26-29;




Hinc, fi loco A et B, eorum valores iterum {ubftituuntur

I ?‘- a ki i3 11 as
D — 2, — s L — R
2 2‘ Q 23 G.; 2 25 '@CS :
X ridkpaess pees ete.
( 1b3+ E* i1® 3 [l13+1 ;.:*% 1 b3 I a2\Z2
\27C 4 ¢/ 273 | 4 cz ;}c3+4 7‘)
X I 1
T I I
3x.3 3
3°Aa 34.’2“2 Caie 37 2% Eascr
-~ etc,

= 3 Tod 3 Ak mrT e
(1" 4 i;azC>T (ba-i-s_qa’ cjr (b‘ YRR NN
2L 22 22 3

cuius aequationis {i terminus quihbert1 in feriemrinﬁnitam expanditur, prodit ;
byr S hh el s F TR S
x=="3 )IT) --—;;[ U QJW—;L 3B Yt T'Z(TG—}-T@J*--IJ?——%C.
quae formula, facta Coefficientium Binomialium numerica redultione; ipfifiimam Fifzheri
exhibet acquationem A.
VL
Falfo Fiftherus exiftimat, (b) Dignitatum huiusmod;:
' = (6~ btc~d~+e—f+ etc.)?
Evolutionem complicatiffimam, taediique plenifimam efle, et quidem per fe ac fua
natura, remedium autem  tollendis " difficultatibus afferri nullum pofle. - Scilicet
MMethodus, pro huiusmodi. dignitatibus longe facillima, Hindenburgiana vives theoriae Fifche-
rianae tranfcendit, quae Complexionibus tantum, five [effionibus vtitur numeri definiti,
Adhibitis autem Complexionibus fimpliciter, admifis quidem repetitionibus quarum  vium
Fiftherus neglexit, formula prodit combinatorio - analytica,
Pro numero n, et qualitate, ‘et guantitate, quocunque:
}n = gi —= DYpu~1 JA RS D) S P o 4 Yjgn—m n]'M' i 9
(b>5) d:”:f,g:--~~~)

Pro numero autem n integro pofitiuo :

= 0N =a® 4 a1 ¢'A 4 P2 b8 ~ 2€am~3 ¢C. . . .. +a°0'N ()
(a,b,¢.d...) Oyl £y de s )

Complexiones autem fimplices rerum quotlibet datarum a, &, ¢, d, . . . fecundum
Indicem Claflis vel definitum vel indefinitum quemcunque; h. e. Claffes ‘A, 'B, ‘C, "b../N,
per regulas ac formulas ab Exc. Hindenburgio (Nov. Syft. Perm.-p, XIX. atque Infin.
Dign. p. 17, 18, et 157, 158.) traditas, pari- facilitate per elementa propofita a, &,

- exhiberi, qua numeri poffunt ex notis vulgaribus o, 1, 2, 3. . . feribi ex or-
dine; quo fit, vt dignitatum hic propofitarum y* reddantur longe facillimae Euolutiones,

Ex-

R v .
(b) Theorie der Dimenfionszeichen Tb, 1, §. 50 8. 32. 3
(c; Hane fonp}.llam > Pro numéro imtegro pofiivo 1, excitauit quoque Clariffimns Toepferus in libelli:
Combinarifche A"_al._)'"k und Theorie der Dimenjionszeichen, m Parallele geftellsy psg. 154, et Tab,
Vi, IL, a.  sed ibi, typothetarum vitio, pofiram n'y7 pro n'¥7 vel w9, stque etiam Coef~
faenres exciderunt binomiales 23, 2%, »€. ., ‘quod, vt monerem lettores, harum rerum
non fatis peritos, me rogauit,
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/

VIL
E\pof 1it10 Lt’gu, qua cozﬁ' cientes’ numerici d1gmtatum a ferie
Py 2.8 1.3.5
(= —+ —y3 ~= — 7
% ) 545] 2.}67) —I-etc

(quae arcumn 7 e\Pmmt per ﬁnum ipfius y) continentur, vires Theoriae Eﬂhertan e f

perat. Ad Complexiones enim illa fimplices, non admiffis repetitionibus, ded ae {u-

mulae prodeunt combinatorio - analyticae, ucit. - Hinc for-
pro dignitatibus, prima. et fecunda

7X I 1.3 1.3.5 ¥33.547

el e i e T B i Z
e 2-3’ 7--4-5y S T L
B 24 .6 2.4.6.8.
)’ FR S ) —+- 6 8 __4______
= 34 356y oy aong oy Belee @
PIO dlgmtatlbus tertia et quaria
73 1.3 I
5L 3.5 f 1 I
e R e
1357 lf! 1 e
246‘2 z L 32 -+ — 5, -+ —;;le9+etc,(e)

7# {I 1 oy ( Ly 2,
12.3.4 24027 =i b 3:782
pro dlgmtatxbus, qumta et _/exla

I
i Adyaj2d il
6)” 357910{2er +62 }y o yetc,

HREPeh D e X3S ok D L 13 B
12345 24 S Y Fags. 7(— )) 2.4.6. g el
16 2. B\ 4 6 B\3 5“ &

TR e e Gouls ;
1.2.3.4:5:6 3'5-6< )}’ 3.5+7- 8(;—,‘;7‘63)W 3 5.7.9. IO<;,l_2, g ,)yxo ete. (f)
fimiliterque in refiguis dxgmt-mbus fic vt e
in feptima et oflava dignitate Terniones
C\

(@) Cf Pracfatio huius hhelh
(¢) Hinc fi, 22 =%, adeoque fin, verl, 2z=fin, verl, x==v. x
atque v=——=2v? v 2zb :
e )
1219_35 hsscccﬂ ;f:ln K, diuif ZEsiE }< ) 2.4. 67(_17 3z 2J<>
4 foheriand iutla per 2. 3. §, cuxus legem exponere non potuxt Theorie der

Dimenf. 1L Th §. 327, S.128.

(f) Nempe Hindenbyrgiss , Vir Celeberr. Claffes Combinnt

e f;ms A, /i,, G fed, non ﬂdmﬂ’I’CP::":fa’::zbf,,‘?Plgf;:S’ }{zdméﬂ'sémdem repetizios

notat, fubferipto fimul /mguhs Cla j]zl/us Indice, finon idem eft in tnhG Clainu,s (ed-diverh e
y s, e

CorlBcionts B s

0];'{7’“‘"’;:”5 P b ) @ ﬁ': 9 etc, fiue, vt hic eft Coefficiensium tantum numero
et C

(B b0 o "1 (> by ¢) (@ b, T Quod fi vero zdem manct pes omnes. Clafles Index,

b
ormulae xlle combinatorio nnulytlcae , more confneto, non fingulis Claffibus, apponitur.




¢ c ey e &
.(tlr,f1111[1x1.11> VR EED LN T T6GT
o S s P S g 2 R Y e LA S wetl, — — — ) — — —
i3 g g N 1Y g7 sRugh /N 12k Y oa g NP PE N B
etin (2n—+1)fa et (2n—~2)ia dignitaie, Ntiones occurrant; ad indices nimiram < —l—:, i,
I ' RV RGN : S 5
;2' T ) pro (2n~1)ta, et (;;7‘;}? P ) pro (2n=+2)fa dignitate.
s NG
Ex VI et VII liquido apparet, peflime et fibi et le&oribus confuluiffe Fifcherum, quod
Complexionum tantummodo numeri definits " et admiffis quidem repetitionibus rationem habue-
vit, reliquas autem Complexiones omnes, admiffis et non odmiffis, repetitionibus, fimul cum
Permutationibus, neglexerit. ~ Scilicet Fifcherus V. Cl. haufit fua quae habet et fundamenti
loco pofuit, omnia, figna nempe dimenfionalia, quae vocat, eorumque per numeros euolu-
tionem ,_propofitiones etiam de Infinitinomii, dignitatibus elementares, quae Methodi potentiarum
inprimis ope problematibus aliis quam plurimis accommodantur ; -haec omnia haufit Fifcherus
ex Hindenburgii- Viri Celeberrimi libro, cuius ne titulum quidem nominauit, de Infinitino-
mii Dignitatibus, in quo Methodus Hindenburgiana folis fere complexionibus numeri definiti
admiflis repetitionibus continetur, negle&tis reliquis Complexionibus, Potirinae etiam Combi-
uatorige in vniuerfum vius‘in Analyfi, -praeter duo illa Problemata de [eftionibus numer de-
finiti, nontam clare atque perfpicue, vt factum eft poftea, nec verbis nec exemplis éxpofi-
tus, Charafferiffica denique combinatorio - analytica non adeo perfefta et numeris omnibus ab-
foluta eft, vti ea in altero Hiridenburgii libro, biennio poft edito: Novi Syftematis Permutatio-
aum Combinationum ac Variationum primae lineae, apparet.  Atque hunc quidem librum
Hindenburgianum expreflis verbis in Praefatione libri iui excitauit Fifcherus, {ed tamen, cum
combinatoriis, quae in eo traftantur, problematibus, fusque deque habuit, haud dubie
propterea, quod horum problematum in Analyfi vfum longe maximum non perfpiceret, exi-
ftimans, fe pofle, alia prorfus, et longe faciliori ratione, quam i lettores per combinatorios,
qui ipfi videbantur Seilicet - anfraétus- deduceret, “theorioe nimirum, quam vocat, fignorum
dimenfionalium ope, ea omnia, quae Hindenburgius praeftitit et praeftare poteft, atque etiam,

fi Diis placet, maiora efficere (g). Quam vana autem haec fuerit, quamque mifere eum fe--

fellerit fpes, euentus docuit, et amiciffimus Zoepferus, edito peculiari, ‘bonaeque frugis ple-

niffimo libello (Combinatorifche Analytick etc.), inprimis autem huius libell: fetione vitima,
dofte atque peregregie demonftrauit. :

Quodfi autem Fifeherus in propofitionibus atque problematibus facilioribus fibi confulere

non potuit, in grauioribus eum fac longe difhcilioribus combinatorio - analyticis hoc potuiffe

 verifimile non eft; quodquidem argumentum, per fe grauiffimum, plenam demonftrandi
vim accipit, fi cum iis, quae hic atque in praefatione propofui, comparatur.

(g) Expreflis verbis contendit Fiftherus (in Pracfat, p. V.) vnicam et fimplicem et facilem characterifti.
cam, a fe adhibitam, ad problemiatum. ab Hindenburgio propofitorum (Nov. Syft Comb. p- XXVI-
XX ¥IL) ducere pofie folutionem, Sipna nimirum intelligit dimenffonalia, ab Hindenburgii characte-
tiftica combinatoria defumta, fed witiofe exprefla-et cum derrimento Harmonice, quae in concurfu
fignorum Hindenburgtanornm confpicua eft, et ocesfionem sdeo,  propofitiones nouas reperiundi,

preebere poteft.” Toepf. Combin, Analys. S. §4—61.8. 148. Nota ¢ und S, 170 — 173.
TABU-




TABULAE COMBINATORIAE

1) Se&ionum fine Difcerptionum Numerorum definitorum inde ab 1-ro.

2) Valorum huiusmodi Seftionum numericarum, pofits literis loco nu-

merorum et additis Permutationum numeris,




Dlgr:*nf §, XXIL p. 85, 7 et p. 166,
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L
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'3:\ 3
I

A
gA

2B

3B
3C 1,1,1
4A

4B

4C
4D
SA §

2,3
.13
52,2

5B

5C

5D 1,132 -

L1101
64 6

1,5

2:4

3.3

1!54
1,2,3
22,2
1.1,1,3
1,1,2,2

L T

15151,1,2

C

6D

SE

SF
7A

I53,1,1,1,1

7

1,6

2.5
34

Combin, Anal, S, §2 83,

L1,§
1,2:4
13.3
2,2,3

7c

1,1,1,4
1,1,2,3
1,2,2,2

,1,0,1,3
1,1,2,2

LI, IL,I,0,2
7G 1,5 Vsl 058

(A 8

1.7
2,6
35
44
1,1,6
1,2,5
1,3.4
2,24
2,33__
A 5
1,1,2,4
Db
1,2,2,3
2,2,2;2

LLLL4
Y,1,23
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1,1,5,1,153
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3G

F

8B

8D

8K

SF

LLLLELI2

L34 11,0,5,1,1,0,1

Tabula
Complexionum: Clafles ‘2 numeris ¥ — — 10.
fii n, prima, fecunda, tertia, etc. defignantur per »A, B,

£

9\ 9
L8
93, 27
3:6
45 .
11,7
1,2,6
1,3:5
1,44
2,2,5
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333
1,5,1,6
1,152,§
ID 11534
1,2,2:4
1;2,3,3
2:2:3:13
1L,1,5,1,5
Lilsly2:4
9B 1,151:3:3
1,1,2,2,3
1,2,2,252
1,350 01 %
1,1,1,1,2,3
T;150,2:2,2
l,l,x,(,l,l,;
L1132

9C

9

9G

9t1
97
.

F 19y

I ] la'1l, ,-
5L, L1105,
I(J

1,9
2.8
198 3,7
4,6

55

IIC

1000

101)

10

10]

Claffes Complexionum, numeri

propo-
Lnfinitinomii
Difcerptionum. pxcblemﬂ traditur p. 73. feq.

ete.
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o
(@)

1

1,1,4,4
1,2,2,§
12,34
1,3:3:3
2,2,2 ¢
2,2 3 3
LL1L6
1,121,2,§
L1 3.4
1,1,2,2,4
1,1,2,3:3
¥,212:2:3
2,2,2,2,2
I, LI, 0L,1,¥
IREE Ny
r)')',',?:S
1,151,2,2,3
1,1,2, 2--,2

1,1,1,1,151,4
LI,1,1,1,2,3
T,0515052.242
0, 0,00.050,3
L L1, 1y2:2
1, % 5 l,hh' I, L 2

e e

LIOK (PR PE P P% 2% B l,l L 1
Regulam, quamcunque Claffem &' praccedentibus independenter reperiundi, tradidiv Tocpferns Cl.




Ta bl e 1L 2

Complexi :
ern? tqunum. Claﬁ'eg, cum Coefficientibus. -1
P utationum, - poﬁtls pro $ polynommhbus numericis, 11 \ ;
, hue numeris

Numeris I, 2 '
COechientibuS B ‘f) ;, R 6> A ) Tabulae I
; Y0y & §1 /B -9', bW N Conf., pag. 2 A

s
\‘vz[ avA — B 3
2 ) [ a*A = ; LY { 382§ r Q%A ‘== %
3%k 028 =% 7C == | 63ye 9CL ( 28 [ 3%
i e dgsr ) 3% 698 o | 6Bys
G| b= 3By L 3924 i B 624
6l oc = B [ 4B% 9 2% 00 = 63
( 04.‘\ R, b7D = || o l: ” o~ =Sk 2y
55 112/3%4 3329 G 3')’3’7;
| Lty 6671 L
g oE — | 84 e 6/20C L ’}/_E
\ @C = 3B8% (rofy2 Boal (] - don
L oD = + 7R = p L = 4819
P 635 37%¢ 123
e - atAse= L glG = ley 6')’3\8 ’;B:‘g"
= 6B = (2 [ @A = : £ 02 63’5
Q S = L2y ¢ gc { 483;1 0D = IQB 36
s {3020 : 283 12§ @ (n 2 £
6l oc= gy o = | 2 Goaise fiafideer] 7
C 19° 5 2 ¥, IZB“ 2 3
o ida e € |06 o ok
> L o= @ S | 43 ! sé‘
« A = 1 2 t 6Bv¢ ( 53+¢ zoﬁ?zg
7 T (1’?)5 ¢8C == GBJ\E oF 2063’}\’8 QQB?A‘
R e S
« L "; et g‘yé‘i‘ 96’ Sctgzry;é\ o j 32%:/-‘\8
¢ (382 e e 56%;”’ & R
@ ¢SC == ;dﬁyj‘ s i 12(32ye fF == s 5 L 7
= Y o s seohys  6B¢
. N g S Y )
(2} D = 470 [u@" 3 o == 734 s 30Biys
o Fiss it s (om0
é C6.j,“ : 24 R) s SB"E 99:{ = SB%\ ‘U(E, 60@3720
6 S % SL = l20@y8 Pl 4 x {158yt
¢L fr= F Lo f 94T - [ 7£%
/ PR : 107 ==
'Icl. e 93 i ng e { 6[%(;3 : f 2B‘»€ 2 O % E;;g:ﬁé\
: 2{91 15/5y* : 2 17
7@ b7B = I’-"/g ‘ 3G R 5 s / bloB = ‘ zrgé, blOH ] [ 8673
B 1 by - 7@-’7 > 183672
(€2, { PH-= el ‘ e R ol = gfé%
gz L flof == Bx/o




CORRIGENDA 'ET ADDENDA.

Praef. p. 17 lin. 3. lege {pecimen P VA L. 4. earum valotes 1. noto (kY lin,
vit, defunt puntta, ... - V1L not. (k) fin. 7, |, sindapanda ib. liny\g, 4. 24 w4 P
lin, 3. I, accommodauit Differt. p. 2. not. (b) ln. 10. Hinc, pro p. 3. lin, 6. 1.

PRty dn X5@HDME, P- 4. lin. 15 2, 3, 4 'et5. in fine defunt punfia,... ibid, not, (¢)
lin 1. L pndr) P. 6 lin. 2, deeft fignum ~ ib. lin; vlt. defunt punfia,)... D07
R 1(s-knd)
l:’n.+zl. l.'};&\:)B, C, D, ....] = p8tinaly 2. 9. not (g) lin. 4oL
S+ (S—-2d
i T e p. 1L lin, %7, ], et-cum (§. IV) P 13, Jin, 4.1 "a=5m ibid.

2
lin, 11.'}, om = — 1 D22 T :f}i ibid. not, (k) lin. 5.1. %, B, €, D...
3%
P 24. not, (k) fin, 2, I, nota prior potentiae Pr 30.not. (¢) lin. 3. 1, pofitum n'LT pro n'9C -
vel N
Praeterea monere conuenit, ¢ )

1) Cl. Toepferum Claflium combinatoriarum 24, "B, 2C.... indefinitas mtas, ntas,.,.
exhibuifle per ®)¢, "9€....(Combin, Anal. P 161, 162. et Tab.I, 1) pro quibus ego litteras
formae maioris, fed pariter latinas VI, *N.,.. . fubfitui, . Scilicet Exe. Hindenburgius, pro
huiusmodi Claflibus indefinitis, vlus eft, quod optimum eft haud dubie, literis; non maioris
fed plane alius alphabeti, quod feriptas refert fitteras latings (Infin, Dign. §, XX1,7.p. 855 conf.
p- 93- etc.). Sed huiusmodi litterarum in typographia. in qua Teepferiana illa et hacc mea
differtatio, formulis exfcriptae funt, non {fuppetebant exemplaria, :

2) Pro fignis ?

Efchenbachianis m, 'm, "m, Mm, Ym, Ym, Vim,,, ®m (dz Ser. Reuerf. p.23- 25
Toepf. Tab. VIII, A, B)
ego pofui figna °m, *m, 2m, ’m, 4m, $m, 6m..."m (in hac mea differt. P
Yb—3.)
ne quis figna haec paululum inter fe diverfa, dinerfum etiam fenfum habere, et inter fo
difcrepare, exiftimet. :
: 3) Si eueniret, vt in formula, feriei inverfae terminum genesalem exhibente
g $odns)
“ln4-1) = ;t;‘q " aatvy  (pag. I1.{eqq.) fieret s + nd =0, adeoque etiam
i T,
"m=o, fore, quia C’m:'ri et *Y=2B =3C.., =1y —= I=(i—)

"A bUB ¢nC niN :
: g b [ GRS e B e
]t = =l = —= e —nu“_] = x* gt
<Bs'¥7é\,5:§".")
: R R IR T T0E A
fiue etiam x*Jo4n = — +log, qxain = x’y4n)

: Erinnerung an den Buchbinder:
Die Bogen miiffen, wegén S. 18, 19. nicht zu tief gefalzt, und nicht zu fark belchnit-
ten werden.
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