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Prorositio IX.

St ey,

({\{L,Avms (p. 187. fa.) Propofitionis IX. hanc demonfirationem quar-
S tam afferr. . Quadrato 4ABEF (Fiz. 25.) luper re¢ta 4B conltru-
¢to, fimiliterque ac in demonftratione Propofitionis VIIL 'divifo: fuat
(I, 4.Cox, & I, 74.)
NI, DO, LG, PO quadrata re®arum NK=A4D, BD, LI=4C, KQ=UD;
& NH=LG+ PQ+ Lo+ HI
=LGA-2 P Q0+ PO-HT, ob LI=AC=CB =11, idcoque LO=MQ="Pr04-PO

Quare
HE4DO=164200+P 5D R4 nr
:l(;,{,:1’,Q_+":{’{g;+1113 ob BM=EN (§. 18.); adeoque DM=HM
e =2LG+4-2PQ, ob GH=LG (§.13.)
AD+ DB =3 40" 2 0D%
Eandem demonftrationem tradunt Cr.aup.RICHARDUS (p. 60.4g.),
EvcrLipis Elementa Lond. 1678. (p: 91.)

\.. 210

CorTstus (p. 210.1qq.) Propofitionem IX. fic demonftrat fuper
fegmento majori AD ( Fig. 26.) ad extrema ejus 4, D conflitunapyr
])1.‘\('[)(‘1\\’,”(‘»1“ AE, DF lemiflibus 4AC,. CB r‘cd'x AB xqualia; & ab po-
{teriori DF ablcindatur ‘DG==CD; quo fa&o relinquitur FG = DB;
tuny jungagtur recte CG, 'CE, EG, EF.

Ob'AE, DI =quales ac)parallelas: (conftes & I, 29.), patallelz &
wquales etiam funt £F, 4D (I, 33.); atque angulys Fe 4 (L 34+)
elt rectus.
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gregatum effe omninm minimums quando ipforum latera mutuo xqualia
{funt, (LHUILIER p.§§
\ e

§. 119,

Contrarium igitur in fumma duorum quadratorunt, candem late-
cum fummam habentium , {eu quorum latera funt partes ejusdem recte
utcunguein duas divile; obtinet illius, quod in parallelogrammis rectitls

{ummam habentbus, feu {fub dua-
bus ejusdem recte partibus, contingit. Hotum quippe maximum elt,
quod ab xqualibus recie datw fegmentis  comprehenditur (§.33.)5
quadratorum autem ab equalibus reci® {fegmentis deferiprorum {umma
minima eft (§. 118.)

gulis eandem laterum contiguoruin

§. 120

Et fumma duorum quadratorum ab xequalibus recte feamentjs de-
fcriptorum a fumma duorum quadratorum ab inequalibus ejusdem recte
fegmentis factorum deficic duplo quadrato femidifferentiz {egmentorum
horum inzqualium, {eu laterum quadratorum pofteriorum, (11, 9. &§.30.)

Qui defectus duplus eft ejus, quo reGangulum {ub iisdem ejusdem
reCx fegmentis inequalibus ab quadrato dimidize , {en ab rectangulo
fub ejus fegmentis equalibus , deficit.

Ge 122,

Nexum propofitorum §.119.fgqq. mutunm indicat demonftratio §.112.
Quippe AD"+ DB"ab AB" deficit 2 re@angulo fub AD& DB (1L, 4.)
fed ACY ¥ CB ab AB" deficic fpatio == 24CH (§- 13.)
Eo iplo-igitur, quia reGtangulum {ib 4D & DB minus eft quam AC1
(1L 5.)5 proinde 4D+ DB ab 4B! minus deficit. quam AC'+ CBY ab
eodem AB" deficit: eft AD! 4 DB > AC" + OBy, Ee prior quidem
fummia pofteriorem fuperat exceflu, quo pofterioris ab ABYdefeGtus prio.
ris ab eodem ABY defectum fuperac; duplo igisur exceflu ipfiys AC1
fuper rectangulum fub 4D & DB; h. ¢, (1), 5.) duplo cDs,

§. 123
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tiore quiam / 1D (Fig.6.),

BR S AD ‘:Ly‘.";'; 7-

Erit fumma ARY+ R B% majot altera ADU+DB: cum (11, 4.) hec
ab 4 A% deficiat duplo re@angulo fub AD& DB; illa, dl.}plo rectangulo
fub AR & RB<L24DB (§. 37.): vel'cum (II, 9.) hujus {uper 2 4CY ex-
ceffus fit 20DY; illius, 2CRY>2CD%  (Lemma ante X, 43. BARRow
p. 42. WHISTON p. jI. BERMANNUS p. 46. GILBERT p. 281.)

Seotinzy)
Et quidem, cum fit
ARV R = 24C14- 45 CRI(]], 9.)
= C L5080

atque ADYY DB =2 AC 4 2C 1)1 (“, ‘),) i
fit  ARVE RB V=AD" + DB+ 2redg. RDQ:
h. e. fumma ARY4 RBY alteram AD%+ DB {uperat duplo reGangulo fub
‘ ~ . ~ 3 ‘ . . v . I C - B
fumma & {ub differentia femidifferentiarum laterum 4R & RB, AD &
DB (S:41.) ;5 adeoque rurfus duplo exceflus rectanguli {ub 4D & DS
fuper rectangulum {ub 4R & RB (S.123.), quod etiam ex S. 123. con-
fequitur,

7
(

> T) " )
WRDQ, fadad

BR(S.41.

N oLz
Ex §§. 118. 123, conjunctis cum I, 47. tum huc collatis §§. 34. 40,
fequitur ¢ parallelogramma inter retangula ifoperimetra quadrati aream
maximam, diagonales. minimas eile; ceterorum areas eo minores, dia-
gonales co majores effe, quo magis latera ipforum contigua invicem
aq pariterque triangula inter retangula, quorum latera circa

differant : PRt xe 2 qu
angulum ‘.‘«:dum‘ eandem ,‘l}i]:{:‘:‘d]ﬂ confieiunt, xquicruri aream maximanm,
hypotenufam minimum efle s ceterorum fealenorum aream eo minorem s
hypotenufam eo majorem efle, quo magis catheti eorum invicem differant.
§ 126,
~ 1 1 Y. Lia <)+ ] TR o ide . -
Cum (Fig 27.) bifariam in C{ecta A5, l'mdumquc ipfi conftituto

“ A D, LTI o . Y
perpeadiculo CE=.dC=C0; tum jundtis 4L, B/ redis: fiat angu-
lus




B rectus; & quz ex quibuslibet' redx CB pundis D, R ipfi CE
feu (I,29:) rede: CB perpendiculares aguncur ad ocourfum
e BE, vel quae ex pundis quibuscunque 7, P hujus A2
nillam C8 dimitccantur, DF, RP, fiant redte AD fegmentis
RB wmquales (Demonftr. Prop. 1X.) 5 -ideoque fint 4D + DF —
k RP=.AC+ CF = 4AB: completis parallelogrammis retangulis
i, ADIN , ARPT, triangulisque rectangulis ACE, ADF, ARP;

2. de diagonalibus & hypotenufis eorum tiaduntur, etiam li-
ex Propofitionum I, 19, 16. 17. Corollario: quod retarum, qua
¢ punélo A extra retam aliquam B£ ad hanc duci poflunt, minima fig
rmalis AL ceterarumque ad easdem normalis 412 partes jacentivm
ex {int majores, qua ab 4L {unt remotiores.

)L
Red@= C'B normales DF, RP fegmentis adjacentibus D_L’, RB reQa
AR =quales effe, in demonltratione Prop. IX. inde deducitur: quod
angulom ABC femireGum efle fuit oftenfum.
Quare endem wmqualitas tum ad normales df re&te AC infiltentes
& ad continuatam L X usque protenfas, ac recte AR fegmenta dF illis
ad,acentia, ipfamque 48 & ei in A normalem 4L, redz BE in L oce
currentem , iisdem ex I, 32. 6. nexis argumentis extenditur : tum {ub-
filtit, firecta BL ita immediate ducitur, ut efficiat angulum ABL {emi-
rectum, h. e. ut bifariam fecet fatum ad rectam 48 ejusque extremum
Lrangulum rectum ABH; vel {i, dudo rede A8 perpendiculo AL =
AR in iplius extremo A, avt DF=01} in ipfius puncto quocunque 1),
redta BL per data pun@ta B & L, B & F agatur, unde per I, 5. 32. fit
angulus 40 L {emirectus.
Ot TR

Quicunque porro fit angulus ABH (Fig. 28.29.); fi bifariam eum
fecat re@a BL : quelibet cruri BH parallela ab alcero crure 84 ablcindig
{egmentum, ipfius parallele fegmento rectis B4, BL interjacenti xquale.

Ob angulos enim 41,8, dfB, CEB, DFB, RPB xquales angulo LB H
(1 29.> , ideoque (eonfte.) angulo ABL; fiune (1, 6.) jj/j;:fﬂo bd=df,
BC=CE, BO=DF, BRe==RP,

§. 129.
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Viciffim, per alterum re@z 4B extremum A fub angulo qno-

'y 4 ' I £ =1 3
40, & juncta BL re@a: queliber recte 41

uve dudta recta A1

1, rectis 4B, BL terminata, wqualis elt redte AL fegmento,
quod ad partes puncti B parallele ifti adjacet.  Quippe ob angulos
dfB, CEB, DFB, RPB xquales angulo ALB (1, 29.), ideoque
(conftr. & 1, §.) angulo AZBL; rurfus funt (I, 6.) df=dB, CE=CZ.

cung
parallel:

DF—=DR, RP—RAE.
Eademque obtinent; i, extremi L loco re AL—="AB, teda
BL per extcremum E, F redtz cujusculque CE=CGRs “DE

ducitur.

§ 150,

8. 129.) igitur paricer A4d + df = AC+CR—

I

Tom (5. 1
= AR+ RB-

Proinde triangulorum Adf, ACE, ADF, ARP circa zequales
(1, 29.) angulos obliquos Adf, ACE, AD#F, ARP latera eandem
fummam conficiunt; & parallelogramma obliquangula Adfn, ACEM,
ADFN, ARPT circa angulum communem 4 iloperimetra {une.

NS T
Contra, (Fig. 27. 22. 29.) quax hing re@a AB, inde pun@o quo-
cunque O, U, extra tam AL juxta §. 126, | 29. ductam, ad eas-
dem cum ipla partes reche 4R fitos terminantur recte Oy DI, po-
ficione dutwe BH, vel ‘BL, vel () pavallelw, utpote minores vel ma-
uti DB recte 4B mquales nop {une;
)+ U, reGe A8 xqualig,

S raa,

. St e i ifaperimetr: aralle o s .
~ Locus 1;1;’{.11‘,'(;1{}{1} i ifoy erimetris parallelogrammis ®quiangu-
Yis (ddfu, ACHMy ADEN s ARPT), circa communem quemcunque
angnlum (4) conflitutis, argogunt iplorum  angylji CFok ByilP)
o . a R moe 1 -~ . » =] o \J 9 ‘3 ’

communi angulo (4) oppofiti, eft (§. £26.199 ) bafis (BL) trianguli
xquicruri (A4 L), cirea cumil-:m cum-parallelogrammig angulum (A)
deferipti, cujus crurum . (48, AL). fumma elt perimerro parallelo-

gram-

jores quam DI, fegmento ;

L

nec proinde et £+ 00, ve




grammorum =qualis,  (ViviaNt De Locis [olidis. . Lib. IIL. Prep. 8.

p- §7.) ;
Nepegda2s

Pariter conftru&is ad easdem re@x (AB) magnitudine ac pofitio-
ne datx partes, in eodem plano, triangulis (4df, ACE , ADF, ARP),
quorum balés (Ad, AC, Air, AR) {egmenta funt date reée (AB)
eidem ipfius extremo (A) adjacentia, latera autem (df, CE, DF, RP)
alreris bafium extremis adjacentia invicem funt paral

llela & =qualia re-
iduis dave redx (AB) fegmentis (dB, CB, DB, RB); ita ut trian-
gulorum circa angulos w=quales (4df, ACE, ADE, ARP) latera fimul
fint date red= (A4B; xqualin: Locus, quem vertices (f, £, F, P)
horum triangulorum attingunt, eft recta (BL) bifariam fecans angu-
lum (ABH), ad datam rectam (AB), ejusque alterum extremum (B),
ad easdem ipfius partes, ad quas funt triangula, confticutum xqualem
ei, quem triangulerym latera, quorum {umma dl: date rectx (/Ib’)
wqualis, comprehendunt. (§. 126.1g. 128, 130, 1q.)

§. 134

Utroque cafu (§. 132.1q.) Locus, de quo agitur, ceteris etiam
modis §. 126—129. indicatis poteft determinari.
S 135
Bifariam in C fecta AB (Fig. 28.29.): ob CE=CB (conftr. vel
demonftr.) = AC, itaque (1, 5.) angulos AEC=CAE, BEC=CBE,
ideoque AEB = BAE+ ABE=AEL (1, 32.); AE etiam elt recte
B1, perpendicularis, quando obliqui funt anguli BAL, ABH, ACE.
Quare per rationem §. 126 allatam in parallelogrammis etiam 0b-
liquangulis invicem mquiangulis & ifoperimetris diagonalium homolo-
garum, feu quee vertices angulorum refpecive equalium jungunt, mi.
nimx funt diagonales parallelogrammi sequilateri; ceterorim non Xqui-
laterorum diagonales homologx funt eo majores, quo magis latera
ipforum coutigua invicem differunt. Pariterque triangula inter, ans
gulum aliquem obliquum ( cujus vertex triangulorum etiam. vertex
effe concipiatur) squalem habentia, & quorum latera circa hunc an-
gujum (crura) eandem {ummam conficiant » “equicruri bafis minima
elt;
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eft; ceterornm non mquicrurorum bafis eo major eft, quo magis crura
ipforum invicem differunt.

Quzx de areis parallelogrammorum & triangulorum re@angulorum
§. 125, addita funt: demum ope VI, 23. ad obliquangula extendi ;

vel immediate per VI, 27. de illis inferri poflunc,

126

Per prxcedentia facile determinatur ac folvitur Problema: con-
fruere trianguluin vectangulum o cujus dasur hypotenufa €' fumma catheto.-
yum; vel deferibere pavallelogrammum reffangulum, cujus datuy diagona-
lis €5 fumma duorum laterum contiguoruut,

Fieri debeat laterum trianguli vel parallelogrammi circa angulum
reGtum fumma == recte date 4B (Fig. 30.), Tum altera re¢ta data,
cui mequari debet hypotenufa trianguli, vel diagonalis parallelogramumi,
minor f{it, oportet, quam 4B (I, 20.); fed quadratum ejus non mi-
nus efle debet duplo quadrato dimidiz 4B (S. 125. & I, 47.), vel fe-
mifle quadrati recte 4B (§. 13.).

Bifardam in C {ecetur AB: & fit

1° altera recta data /< AB, atque ["=—=24C% Re&wx AB in C
perpendicularis ducatur CF = 'CB; & finiatur triangulum ACE, vel
parallelogrammum ACEAL: factum erit, quod requiritur. Ita enim
AC+CE=AB; & AE = 24C (], 47.) == 19 (hyp.), ideoque
dr—=17

29, Sit altera recta data K< AR, & K1~ 240 Rurfus dudta
refte AB in C normali CE=CP; & juncta AE reda; ob AEi=—2A("
(1, 47.), erit KY> AEY, K~ AE. Ab producta AE abfcindatur
AS=K; & per punéa B, E ducatur recta BL. Trianguli vel pa-
rallelogrammi defcribendi pofitis uno vertice 4, & uno latere con.
gruente cum fegmento rectae A5: tertius vertex debet effe ad. reGtam
BL, ut fumma lacerum circa angulum retum fiat == 4B (§. 126.
132.{qq.)5 & ad peripheriam circuli, centro 4, intervallo 4§ = X
defcripti, ut hypotenufa vel diagonalis fit == X,

Quare factis ceteris jam indicatis; centro 4, intervallo 4S5 defori= -
betur circulus: quem recta BL, ll;ﬂ' punctum £ intra iplum dl{l‘da,

eca-
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fecabit in duobus pundis F, fi illo quidem F inter punda E, B
hoc f inter punca E, L, ubi re¢e A6 in A normalis AL reétam BL
fecat (§.126.); ob AS=K <AB (hyp.) Tum ex pund&is F, f de-
miffis in redtam 48 perpendiculis ¥, fd; quwe in iplam inter pun
& C & B, C & Aincident (demonftr. & I, 27.):: finiantur triangula
ADE , Adf; vel parallelogramma ADFEN, Adfu.

Ita erunt FD = DB, fd—d4dB (Dem. Prop, IX.); ideoque tam
AD+ DF, quam Ad+df—=A4B 5 & AF=Af = AS=K.

Ceterum ob EF==Ef (1, 47.Cor.); ideoque FG=Fg¢ (I, 29.26.),
CH=C# (1, 34.); & hinc Ad—=DB —= DF, AD—Bd—df: trian
gula ADF, Adf, pariterque parallegramma ADFN, Adfu fitu folo
diverfa funt.

S

Ab Problemate preecedenti enunciato tantum differt hoc = Datis ( Fig.
31) fumma AB loteyum duovuin quodratoruin, €9 tatere HI quodrati equa-
lis [ ipfovunt quadyatoyuin, invenire 0rum latera ; {en propofitan reltam
AB ira fecare, ut quadratorum ab [eginentis ejus fallorum [umma fit quadrato
velte date HL wqualis: cujus determinatio & folutio immediate etiam fic
inveftigantur..

Sive bifariam in pun&o ', five ininzqualia utcunque in puncto 1D
fecetur data re@ta AR5 ACH+ CBY, ADYDBY funt < ABY (I, 4. &
§.19.) Quare, ut efle poffit ACY+ CBY, vel ADY4-DRBI==HIY;, oportet,
fict HI' < ABY, HI< AB.

Summa autem AC'4 CBY==12 CBYminima el quadratorum, eandem.
laterum fummam 4B habentium (1, 9. & §.118.). Ideoque non debet
efle 11 < 2CH fen EBY (1,47.), redte 4B in C ducta normali C& =
C#5 nec proinde HIEB.

19, Sit == EB;itaque HIY=E BY=2CB%(1,47.): et AC"+C74
== H14%, Propolitoigitux {atisfacit recte date 48 bifaviamfe&ioinpundto C,

2%, Si\HI>, EB; HIY > EBY feu 2CB1: in ineequalia {ecanda ef
reda data 4B. Fadum (it in puncto D;

b.e, fitAD+ DBY=HI, Ob AD4 D Bi==2(CE+CD)1IL9. ::oportet, fit

l((_*/j‘u,.CI,)‘l)::HI‘l::J,I\’l‘l (§:13.), bifariam in Kfle@a HI;,

(B4 CD* =2K1%,

Facto
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Fa&o igitur triangulo redtangulo, cujus hypotenule quadratum = y gy,
& cujus unum latus circa angulum reGum = datx O3 - ejus alterum
latus circa angulum redum exhibebit CO , femidifferentiam fegmen-
torum 4D, DB (§. 26.); & determinabit puncétum 7).

Hinc fequens fluit conftru&io: Bifariam in pundis C, K {ecentur
reGte date 4B, HI. Cum fic HI< 4B (fupp); et KI<CR. Ab
perpendiculo CE=CB, quod re@z date 48 in puncto C ducatur, ab~
feindatur £EF—=KI; & per pun&um F agatur recte A7 parallela FG ad
occurfum usque jundte ZBredwx in G Obangulum FGE— R 1, 29.),
& angulum B=BEC(,§.): erit angulus FGE=—= FFEG; I"Gr:]f,'/ff(!, 6.)3
EGi==2EFi(I, 47.) == 2KI* (conftr.). Sed ob His EB (fupp.), proinde
HI feu (§. 13.) 4KI'S EB M en 2BCY (1, 47.); oft 2K11 fen EGY> ECT;
itaque EG> EC: & ob parallelas FG, CB eft EGLER. Circulus igitur
centro &, intervallo £G defcriptus re®am CB {ecabit in puncto D inter
C & B fito, quod fatisfaciet propofito.

Ita enim 4D%-DB%=2(CB4-¢ DY) (I1,9.) = 2(CE 0L (conftr.) = 2EDY(1,47.)
=2E6Y (conftr.) = EF(conltr. & dem.) ==g4&7%conitr.)
= HI (conftr. &§. 13.)

& ADJ-DB = 4B.

Eademque valent de altero pun@o 4, in quo recta 4B, per pun@um
C intra circulum centro Z, intervallo EG > EC deferiptum tranfiens ,
eum fecat: & ob Cd=CD (I, 47.Cor.), rutfus funt Ad—DB, dB~—AD.

R

Alteri Problematis §. 1 37. calui, quo HI%> 2CBY, 2HIYS 4CB fey
(§.13.) 4B%, {olvendo adhiberi etiam poffunt propofita §, 11,4, fyq -
juxta qu, {i in puncto 1) fa@a 'effe ponitur imperata recize datx AB
in inxqualia divifio ( Fig, 32.) » & DO = DB ablcifla ab feemen.
to majori 4D, ut fit 40 differentia horum fl'!.;ment(,)mm‘, et
AR+ A0 == 2(AD "+ D BY: proinde, ut fit 414 )Bi=g, debet effe
AR A0v=2HI Unde, cum dentur {[/':’, HI; inventio redte A0, &
tum pundti D, rurfus reducitur ad co\n[cé’un‘i;t Propofitionis I, 47 :

Nempe ab BA> HI (Determ, 1. §. 137.) ableiffy BL=H]I, atque
in puncto L ductd m,d““ 4B normali LM == B[ — HI, tum juncta BaL
recta; eft BMI==2H1"(1,47.) !«:; ob2HIS AR (Determ. a, §.137.09.),

3 2 Crie
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erit B ABY, BM> AB. Tum, quod ob BA> AR fieri poteft,
confteu@o triangulo redangulo, cujus hypotenufa = B, & unum
latus circa angulum rectum fiv AB 5 ideoque redt= 4B in A conftituto
perpendiculo, quod circulus, centro B, intervallo BA defcriptus;, in ‘
N fecet: ob ABY+AN: = BNt (1, 47.) = B = 2 HI% (conftr.), |
erit A0 — alteri catheto AN trianguli BAN. Ab AB igitur abiciffa [
A0 — AN, & refidua BO bifariam in D fe@a (§. 51.); factum erit, j
quod jubebatur, ‘

Sic enim :(AD%{%D:(AD—‘-{% “+(AD_-{gg>q (. 114) |

q |}
= 4B 4§40 ; i
lAN (conftr.)

—BN(La7.)=B (conttr.)=BL L2 Yy =2 1 (eontt) 1
ideoque  ADY4-DBY =HI"

§. 139
Reda data 4B (Fig. 33.) bifariam in C fe@a; tum ad AC in C
conftituto angulo ACY == dato 77, & ab ejus crure (Y abftiffa

CFE = AC=CB; denique juncta AE reGta; ductisve per 4, E puncta
iplis CE, AC parallelis AN, EM: fi altera re&a data T=AFE; [ub
dato angulo obligno X deferibetur triongulum AEC , wvel parallelogram-
am ACEM, cujus latera circa hunc angnliin fiuml funt date vede AB
wqualia, €5 cujus bafis, wel dingonalis oppofita angulo dato , eft dote recle
1 «qualis.

Quodfi autem altera re@a data & major eft bafi AF trianguli xqui-
eruri ACE, quod fub dato ad verticem angulo #7, & {umma crorum
wquali recte date 4B conftruitur (minor enim hac bafi altera recta
data cfle nequit vi §. 1373 uti nec major quam AB, ob I, 20.): per
puncta B, F duda BL reGa, & ab continuata AE ableifa A4S = K;
ci,rculi, centro A, intervallo AS defcripti, & recte BIL interfe@iones
F, f tertium trianguli vel parallelogrammi verticem juxta S, 129,
132.19q.. pariter ac §pho 136. nro. 2. defignabunt.

§. 140,
Cum, parallelogrammi uno angulo dato, reliqui dentur (I, 29.
: 340)¢
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34.): ad Problema przcedens reducitur determinatio & folutio alterius,

quo parallelogrammi obliquanguli angulus , fumma leterun: civea bunc an.
3 v ; T NSRS et T s D] ~

gzr/xzm, vel generatine (1, 34.) duorum loterum CONLIgUOYHin , €5 (!liYgOll.'L

Us ex angulo dato dulta , dantur,

S. . 141,

Cum duornm laterum contigorum cujuslibet_para]lelogrammi
fumma fit femifli perimetri ejus =qualis (I, ;1?.): (l(,.ftz: ]1n;'11//€/0¥7'xl;111)1i
cjuscungue ongulo , perimetroy €9 :!/t[‘)"llt;’a dingonali, juxta §S. 136.
38.1q. dijudicabitur poflibilitas, & exigetur modus defcribendi paral-

lelogrammum.

Ol 142,

Juxta §§. 127.{q. 133. Problemata §. 136. 138. etiam f{olventur:
ad datam 45 ejusque extremum B facto angulo ABH reéo (Fig. 30.),
vel mquali dato obliquo W (Fig. 33.); tum duda BE re@a bifariam {e-
cante angulum 4B 15 atque in eam ab altero rete 4B extremo 4 de-
miflo perpendiculo 44, quo minor effe, non debet altera recta data o
vel K (§. 118.126.135.) Quare, fi data [ = AE; erit £ vertex
parallelogrammi vel trianguli delcribendi, adjacens recte BL. Si data
K> AE; vertices eorum £, fin reta BL eodem modo, quo §. 136.
138, delignabuntur, Tum £C, FID, fd agentur rediw BH paraliela
(§. 127.19.); & cetera fient uti §. 136, 133,

§ 143

Cum, factis CEB, DFB, dfB angulis = LBH , fant £C, FD,
2 ipli AH parallele (I, 27.)5 fitque angulus IJ')’H:/IL’], S. 142.);
juberi ctiam poteft: ut ad rectam datam 4B ejusque extremum B
conftituatur angulus ABL femiredtus (Fig. 30.), vel femiffis dati ob..
liqui 77 (Fig. 33.)5 2c perpendiculum AF demittatur in w o BI
ab altero datw AB extremo A; & centro 4, intervallo 45 - K cire
culus deferibatur, retam BL in pundtis F, f fecans, (i altera hzc
secta data K fuerit > AL tum ad punda £, F, f fant anguli BEC,
BFD, Bfd wquales angulo ABL, ®

S. 144.
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§+ 144
Quee ita fieri debere, ut prodeant AC+CF, AD+ DF, Ad+df
date 4B wquales; proinde CE=CB, DF = DB, df = 4B etiam
colligi poteft ex I, §.32.

g5 §.  145.

Triangulum 5 cujus dantuy bafis, fumma crurum, €3 angulus ad ver-
ticem , deferibere, uti §. 143. docent, & partim juxta §.136. (adhibita
etiam 111, 20.) inferunt, parim tantum conftructionem per 1, 6. 27,
demonftrant GHETALDUS (p- 337.1q.), THOM. Stmeson (Zreatife of
Algebra. Loud. 1745+ p. 287.1q.), Scuwan (Eublids Dosa, Stuttg. ¥7§o.
p- 174.13q.), SCHULZE (Tufchenbuch fiir dicjenigen s [0 griindliche An-
wendungen der Mefskunft 2u macher fich vorfetzen. Iltes Heft, Betlin 1783«
p- 400. fqq.). GHETALDUS Lemmate p. 337. premiffo, {i triangulum
fieri poflit, retam BL in circulum centro A, ‘intervallo =quali bali
datze deflcriptum incidere demonltrat; determinationem vero bafis di-
{ftinéte non exponit, Ce/. SEHWAB eam ex conftrucGione tradita dedu=
cit (p. 176.): quod, fuppofitis vel Lemmate GHETALDI, vel propo-
fitione §. 133 , omnino valet; univerfim vero tutum femper non elt.
(vid. NewTont Arithmet. univ. Cap. XVI Opp. Lond. 1779. Tom, L
p. 170.13. ApPOLLONII PERGEY Inclnationum Libri duo, veftituti ab
Sum. Horsley, Oxon. 1770, Libs Lo §chol. p. 22.1g.) :

0. 146.

Modum ab precedentibus (8. 137.4q.). diverfum, & partim Pro-
pofitionibus 11[, 31. VI, 8.17. innixum, datis fumma duayum recta-
ritm €5 aggregato quadratoriim ab illis ortorum diftinguendi fingulas, prees
wiffa pro more analyfi algebraica, ad numeros & quantitates bhiver-
fim relata, tradit. BiLny in Diophanto geometra (Paris. 1669. p- §3 {q)

Triangulum veSFangulum , cajus duntur hypotenufa 4 fumina catheto
yim s ptn‘ul/e/ogp'am;mu}) reltangulum, ciyjus dantuy dingonalis & fumme
duortin laterum contiguorum , ;/r/&ribare Gmili rationes qua §. 138 .do.
cent GHETALDUS '(p. 93.1qq.) VAN SWINDEN (/71U‘I.r:){’f.sgr,r}?;h{u dev Mzfs-
funde, Jena 1797, p. 485.1qq.): ille quidem pl‘:un.mll]{s analyfi, fed al-
gebraica potius, quam geometrica , & determinationibus; hic, uclé'o-

et,

«
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let, compofitione tantum tradita, nec nifi altera determinatione heie
notita,  Uterque laterum differentiam eodem ‘modo, adhibita L, 31,
obinet: tum vero Jatera ipfa ille (pariter ac §. 138.) juxta S gyp;
hic priori modo §. 36. tradito exhibet.

S 147
Ex Propofitionibus V. IX. conjuncis fequitur: re@a bifariam &
in inzqualia utcunque fecta, quadrata inequalivm partium {imul ®quati
quadrato ex totius dimidio, una cum triplo quadrato ex interpofito
fegmento, & cum rectangulo earundem partium inwqualium,

1

Nempe (Fig. 42.) bifariam in C, & in inequalia 40, DB fe@a

NG
AB redta:
ob 4¢? = 0% | Jre@tg.fub 4D & DB (11, 5.)
X 1y A rind
fit 2402 ODM, g8 0n8 4 veg, DB,

ideoque (11, 9.y 4D+ DB
Propofitionem hanc Viviant (De Locis folidis. Lib, I, Prop. 6.
p.46.) ex H, 7.6, fic.deducit s fadta €1 == CD; ideoque IB = AD
ob €8 =:CA (upp.) 3 ID ==2CD; & IDi= 4CI (- 13.);
751 % = are@efub 188 BD L § TDY
et AP DB = srcdglub 158 BD *—(461)" a, 7.y

v 1
Sed rectg. JBD-CDY = ) OB
: (AC

9
(i

(1T, 6.y

2 Wy B & BD
Ergo 4D 4 DBY = ACfredg.fub E,D 131).}-5.301,'5

e 148

TIdem (I.c: Prop. 2. 4. p. 33.1q.) tradit: Si re@a 48 fe@a fue-
rit bifariam in C's & non bifariam in D5 quadratum majoris feamenti
AD wquari rectangulo A1 fub fegmentis inzqualibus, una cum du-
plo rectangulo A2C fub fegmento. 27) in interpofitam CD; atque re-
dangulum ADAB fub inxqualibus {egmentis xquari. quadrato minor;s
fegmenti DB, una oum duplo: rectangulo BLIC ex eodem minore

fegmento DR in reliquam CD ex dimidio datzx,
Quz, vi §: 305 fic etiam: poflunt enunciari . Quadratum majoris
fegmenti 40 excedit redangulum ADB {uk, ineequalibus. fegmentis
duplo
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duplo re@angulo fub majori fegmento AD & f{ub femidifferentia CD
inzqualium {egmentorum ; contra retingulum 4D B fub inzqualibus
fegmentis excedit quadracum fegmenti minoris DB duplo rectangulo
fub eodem minori fegmento D& & fub femidifferentia CD iplorum
inequalium {egmentorum.
Nempe rurfus fafta CI=CD ; ideoque AI=DB, AD=IB, ID=2CD:
eft AD1 — reg.fubAD & AI +reétg.fub AP &ID (11, 2.)
—refg fub AD& DB 4-areftg.fubdD & CD (§-3)s

& reftg.ADB =reftg. IBD=DB1+ reftg.fub DB & DI (11, 3.)

— DBt +2reétg.fubDB &CD (§-.3)

§. " 149

Si utcunque in punéis C, D fecatur reda AB (Fig. 8.): fumma
quadratorum legmentorum AD, DB, cum duplo rectangulo fub BD
& DC w®qualis elt fummee quadratorum {egmentorum AC, CB,..cum

duplo re@angulo fub 4C & CD.

Quippe AD* DB {2 4DB= A0 0B -2 40B ; utraque fe. fumma = AB% (1, 4.)

Sed redtg. ADB = reétg.fub 4C & DB4-re&ty.fub CD & DB% An,B)h-
rettg. ACB == redg.fub 4C & CDA-redtg.fub 40 & DB 3

Ergo AD'4+-DB%farettg b4 0 & DE-+2BDC = A0} CBI2 40D 2xedtg fubdC & DB
&  AD'Y4-DBY 42BDC = ACCBY 240D~
¢ 150.
Bifariam igitur in C fecta 4B; ob JgtCB:(gB, fit 3
: ot 2retg. BCD (§. 149.
AD1 4 DB+ areéig BDC=24C + Fei B CaC DY (1L, 3)
& AD1 -+ DBl =2A4C1 42CD1,

ProrosiTiO X.

¢ 1510,

PELETARIUS (p. 101.(q.) Propofitionis X. demonftrationi Eucli-
Jex hanc addit: Rede 4D (Fig. 34) quadrato DE conftructo, & fi-
militer utd i demonftratione Propofitionis VIIL, divifo;

eft




*:—‘___,_ ac ' T — T w"‘
s ———— I 7
et DE = CG+LE+H7+DH. |

Atqui  HE=— MK(l, 36.), ob GH=AC=CB—HM 34 & fupp.)
= MU N+NO -
= CG+NO: ob GH=HM (dem.); & MN, CG quadrata

(11, 4.Cor.), cum per idem Cok, fit BY quadratum
ac DH=NL (1, 16.), ob CH=GH—HM—HN (dem.)

Ergo DE — 2CG+LE+NO+NL

" = 2CG4LE+gnom.ONE
&  DE+PO=:CG+2LK
h.e.AD4+BD—= 2.4C+2CD* (II, 4. Cor, &I, 34.)

e 1625

Eodem redit demonftratio quinta Cravix (p. 198.{q.): qui (Fig.
35.) rectam 4D producere jubet, donec fit DI — DB; tum fuper
tota A7 quadratum 81 conftruere;- atque illud fimili ratione, qua in
preparationibus demonftrationum Propofitionum 1V, VIII, dividere ;
ut {int

Ap+{PIY — priy RU, 4014 CD= ik
tBD‘l} == 1L 3 Py == +LA:
tum fimiliter, uti §. 151, oftendit effe
DE=2CC4LK{gnom.ONL;
& quoniam quadratum A /= PO, obDI=DB(confir.), ideoqueFR=PQ (1,34)
infert efle DE+ RU=2CC42LK
proinde /11)‘l—i“B)l)‘i:'—'211[)‘14-2(_'])‘1.
Demonttratione; hac etiam utitur CLavp, Ricuarous (p. 61,)
S 153

Coersius (ps 213.1q.) Propofitionem X, fimili modo quo [Xnam
(§. 110.) dcmonlh‘at.: fuper recta 4D (Fig. 36.), compofita ex data
AB & adjedta BD, in extremis ipfins 4, D conflituendo perpendiz
cula 4F, DE =qualia recte CA compofitze ex dimidia data CB & ad-
jecta BD; tum ab priore /][‘1‘ :\bf‘gindcndo AG—= AC — CB, quo facto
relinquitur #G= BL ;5 denique jungendo reas CG, CE; EG, EF.

C SICS
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Sic, (uti §. 110.) fiunt FE—AP; anguli F & ECG redti:
quare (1,477 & confir.) 06l =2 ACY; CEA =203
CGS4-CEY == 2 AC 42 CDY

(10—

EG = EF.:_{_}TGL(:: d.uq_*__g/)q
AD+BDY = 24C+2CDA ,
, i§. 154

CrLavivs in demonftratione fecunda (p. 198, ), & ANGELUS DE
MARCHETTIS (P. 93+) Propofitionem X, ex Propofitionibus 1V, VIL
fic eliciunt: 1
AD? — ACAHC D4 2rectg fub gl/’g & CD (1, 4.) b)
Tgitur A4 BD=ACHC Dt 2reétg. DCB+ BL* [
Atqui arectg. DCB+BD'=CD*+ %g‘({x L7
ADBDi==2(AC+CD").
§ 15
BARROW (Do 44+) tantum utitur Propofitione IV. ejusque ac Im®

Corollariis §. 13+ 3» expolitis, hoc modo:
AD1= AB4 4-BDutareltg.fubdB & BD (11, 4.)
—=240142CB4 3-BDy4re Gg.fub CB&BD (§. 13 3.)
Quare ADsyBDi= 2 AC14-2(CBY4-B Datareftg.fub CB & BD)
s ACiy2CDY (11,:4.)
(G 156
Conjungi etiam poflunt Propofitiones VI V1§ cum Propofitionis
1V. Corollario §. 13 : fcilicet
AD-BDY = 2refig. ADB+ABY (11, 7.)
— ;.rcé,tg./il)lh-z(v’ﬁ 42 AC! (5-13.)
: — 2, C D * MLy 4G (i1, 6.)
Huc redit demonftratio GILBERTI (p: 279%)
§. ¥57.
atione fecunda (Fol. 33.b.), & CravIUS
§. 113, cum Propofitione 1V. con-
jungunt

proinde

Ttaque

=

CoMmaNDINUS demonftr
tertia Cp- 189.) eodem modo, quo




v anay

e %
jungunt VIIme exunciatum §. 8. §8.° expofitum < Vi cujus rurfiis el

A1) ra - 7 ~ ({CB
ACD+BDY, qu =%

LAY e

LI

Quare. 2(AC4HCL3

& Y1 DG
24 bx’/ :’:)//‘

+80% (1L, 4.)
S . 178

Atque ita etiam ex Propofitione IV, & Propofitionis VII. Corolla-
rio feu enunciato §. 86, Propofitio X. eodem modo, quo IXn2 §,1 14,
efficitur :

Nempe ADY=(CD}A0)" :—.L’.’Léq-.‘-,»?c?q-{—~:l’c

tg.fubCD & 4C (11, 4.)
BD=( ch.—?f‘,fv)q =PIt A0 —sreltg fub CD& AC (§.86.)
Ttaque AD%-BDY=(0DFA0) 4(CD—40) =302 4%

§ 159

Unde liquet, ex Prop. X. pariter confeqni theoremata ex Prop.
IX. illata §or1g. g,

: {cilicer aggregatnm quadratorum ex fumia & dif-
ferentia duarumi

qualium, rectarum wxquari daplo’ quadratoroni ex
ipfis; & fi recta linea wtcunque in inxqualia fc_ccrur (utl 4D reéta in
puncto ), quadratum totius & quadratun differentioe partium dupla
fimul efle fummzx quadratorum partium. (Isascus Mownacuus Schol.
ad I, 10. GHETALDUS p, 6. HrricoNus p. 9o, {q. GILBERT p.279.
Oy 6ok

Potro eadem conftructione, que §. 49. (Fiz.o.) adhibita’ fuit 4d

Propofitionem V1. ex V@ deducendam, CrAvius in demonfratione
L e ) 2 4 - % oS -

quarta (p- 189.)> & TACQUET (p, 64.1q.) Propofitionem X, ex [Xur
docent inferre. e ¥

Rurfus nimirum (Fig. 44.) fack: = B8D; proinde C§— CD, &

A R A D b i ue in R <
Sh=—=AD: ob “”“l.n. SD b LA R & ute que in B 10(“,]«” et
SBY 4 BO}== 2804 206% (11, 99);

,f20BY
LREY, 163

N5 T61
jusdem conftru@ionis ope Viviany (De Locis [olidis. Lib. IL Prop,
y 2 'A\_),

, JUdqiio et que
ideoque - AL BD = 2CD
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70, pu47.) ex Propofitione §. 147. allata hanc infert: Sirefta 4B bi-
fariam {fe@a fit in C, eique addita in dire@um quzdam BD; quadra-
tum ex 4D, data & addita, cum quadrato additee BD, xquale eft qua-
drato ex CD, dimidia datee & addita, ‘cum tribus quadratis ex 4C,
eodem date dimidio, & cum recangulo 4DB fub data cum addita in
additam.

Scilicet ~ SB'4BD!=§C!+3 CB*4re&tg. fubSB & BD (8. 147.)5
proinde AD'4-BDV=CD43 AC4rectg.fubdD & DB (§. 160.)

Quod theorema ex Propoﬁtimlibus VI. X, fic confequitur :

) g
D! :{‘ BY 4 reqg4DB (IL,'6.);

ACY
igitur 20D 2 ACT, L orm it s (00 i R
bsliloton, DB R T, PN O RGN AT

Oex62%
Similiter etiam, ac §, 148, {i redlae 4B bifariam in C divifie ad-
jicitur. quecungue B : quadragun compofite AD ex data & adjedta
zquatur rectangulo 4DB fub adjecta BD & fub compofita A1) ex data
& adjecta, una cum duplo rectangulo DAC {ub eadem 4D & fub di-
midia AC date , feu{ub il»;mi«'(il‘fcx"cntin iplatum 4D & Bl)s ac rectan-
gulum ADB fub adjedta BI) & fub compofita A0 ex data & adjecta
zquatur quadrato adjecte B0, una cum duplo rectangulo DEC {ub
eadem adjecta BD & fub dimidia CB date, feu fub femidifferentia
ipfarym, A0, & BLD.
Quippe' ' AD=ADB+BAD (11, 2.)== ADB+:1DAC (6.
& redtg. ADB == BLY +4BD (I, 3.)= BD" +2CBD (§.

§. 163.

SireGtw AR (Fig..10,) Utcungue in puncto C divifee in directum
quepiam BD adjicitur: {umma quadeatorum re&tarum A0, /:il) (coma
pofitee feilicet AD ex data & adjecta, atque adjece BD) , “imminuta
duplo rcéhmgulov{ub BD & D, wmqualis elt hunmx quadratorum
fegmentoruin AC & C13, una cum duplo re@angulo fub 4C & CD.

Nam

34)
3

D




Y e e = T —
st e S
ol
Nam 4D°4-BDY = 4B% +:4DB (11, ».

e= ACYL-CBM- 240812 4DF (11, 4.)
Sed re@tg. 40BL-ADB = redg. 4C0B4-rectgfub 40 & DBY-re

= re&tg. ACD —-redtg. S
Ttaque ADY4-BDY = 4C34-cBI4-240D +2BDC

& ADYLBD_2BDC = ACY4-¢BY4-24CD.
§. 164,
Bifariam igitur in C {e@a 4B; ob AC=CB, fit
AD1 -+ BD1 = 2AC-tareCgfab{ R & CD-4arefte.fub BD & CD (§. 163,
=24014 2CDY (I, 2,)
§. 163,
Facta autem BD=CB, proinde CD— 2CB; emergit
ADt +BDi = ACi 4 CBY +4reftg.fubAC& CB4-4CB1 (§.163.3.)
& AD = ACa + qreftg, ABC L 3.)
conformiter Propofitioni VIIL.
§. 166.

Re&a AB (Fig. 37.) bifariam in C {e@a, & adjeta ei quacunque
BD: ipla 4B ditferentia eft rectarum AD, BD; CD autem earum {e-
mifumma. (. 54.1q.)

Eadem: igitur cum differentia 4R, {ed fumma, ideoque etiam fo.
mifunima CD majori; ambwe 4D, BD crelcunt codem, quo CD crefcie,
incremento: quod etiam ex §, 39, confequitur,

Et tunc, dum CR> CD, pariter {unt ARYFBRYS ADY 4 B
11, 10), atque rectg. 4RBS ,".’/)/"} (L 6.): quw eeterum, ‘cum qpy,
//1\‘\/\;//), quam GRS BL), jam quoque per [, 36. poliunt often ;.

. F}[-&” CQ= CR; unde CR'= (L' +1eAg.¢DR (1L, 1.):  nomic
natim funt
) g 6 Cin

reftg. ARB+CB1 =CR1 (I, 6.) :"Zg-.lf,?,%i%u',f ‘ ! (e R 115
Y4 n R OLa G TT _$2CD10 (]

B e SICLT0)=) Do ;J)‘ dent, &11,10.)
ideoque rectg. ARB =reftg. ADB
ARu4-BRY =ADI+BDq

ubi
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nbi
s ARY-BR  ADA ARL-BR ZD
.QD—.:E‘(’:@z-.}—é‘[):-—i——{ﬂ—L\-!{--fié—— , DR=CR—CD="—1—_ *’— (§-54-00.
OB 2 &

Jum igitur Eque differunt AR & BR, AD & BD: rec
fub prioribus, quorum fumma eft majors excedit-redtangulum fub po-
fterioribus rectangulo fub fumma & fub differentia femilummarum la<
terum AR & BR, AD & BDj3 -duplo- autem hoc rectangulo {umma
quadratorum ab prieribus fummam quadratorum ab pofterioribus ex-

cedit,
G 167.

Hinc paralellogramma inter rectangula, quornm latera contigua
zeque invicem differunt, ejus, cujus perimeter major eft, area & dia-
gonales funt majores: pariterque triangula inter rectangula, quorum
latera circa angulum rectum w®que invicem differunt, illius area & hy-
potenufa majores funt, cujus fumma cathetorum elt major.

§. 168.

Re&@a 4B ( Fig. 37. 38. 39.) bifariam fecta in pun@o C; & per
hoc duéta , fub angulo quocunque, CE=— AC—CRB; tum ultra puon-
Gum B verlus X, Z continuatis AB, EBre&is: qux his BX, BZ
terminantur, recte CE parallelas quascunque DG, RP efle fegmentis
adjacentibus BD, LR redte BX wquales, proinde 4D —0DG ==
AR~ RP = AR; imili ratione, qua in demonl(tratione Propofitionis
X, per I, 6. generatim jnfercur: quia anguli CEB == CBE Cliss)s
DOM — CEB (I,29.), & ZBX=CBE (5, 1523 ideogue 7y == ZBX.

Contra, quz hinc reée BX, inde puncto quocunque 0, U ex-
tra redam BZ, ad easdem cum ipfa partes rece BX fito, terminau-
tur re@e DO, DU, ipfi CE parallelz, | utpote minores vel majores
quam N, fegmento adjacenti B reGwe BX mquales non funt; nec
proinde elt 4010, vel AD. DU, re&x 4B equalis.

Porro ctiam ulwra A, E punca verfus x, 2z produ&tis B4, BE
re@is : que ab pundis J ipfius Ax eidem CE parallelz aguntur 42 ad
occurlum usque recte Bz, ob angulos Bgd=BEC (1, 29.), ideoque
e g Bd (1 §¢)s Aunt fegmentis adjacentibus  Bd redte B wquiles
(, §.); proinde gd—Ad=Bd_.Ad=Ab: idque puriter exclufive.

§. 160.
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§.. 169.

Per pun@um B duda recte CE perallela Bb ad pattes re@e AX,
ad quas eft #Z: ob angulos ZBh=REC (1, 29.)s ZBX = CBE
(1, 1595 n hBX {ccat recta EBZ.

Vicifim i red 7 bifariam {ecat angulum hBX, quem re&a Bh
utcunque per  du cum continuata A48 comprehendit: qualibet
cruri ejus Bh parallela ab altero crure B X ablcindic fegmentum ipfius
parallele fegmento rectis BX, BZ interjacenti =quale; & qux per
pundum bifectionis C reclw AB parallela cruri Bh agitur CE ad oce
curfum usque continuate ZF in F, pariter fit = CB8 = C4.  Oban-
golos enim DGB, RPB, BEC fingulos =hBZ (1, 29.), ideoque
— XBZ (conftr.) ==CBE (I, 15.); funt (I,6.) DG=BD, RP=BR,

o

a

CE=1Ch;
Unde cetera quoque S. 168. propofita tum {ubfiftunt.
§. 170,

Eandem ZBz, five juxta §. 168, five juxta S¢ 169. ducatnr, bi-
fariam dividere angulum #BH, quem producta hB cum data A5 com-
prehendit, vel ex I, 29.7, wel ex I, 15. confequitur.

Quaie, dum =quales utrinque funt anguli ABH, hxc ZBz in
diretum jacet cum recta SL {upra §§. 126 —129. 132 {qq. determis

nata, :
b

Per redte igitur magnitudine ac pofitione date 4B alterum exs
tremum B ducta quacunque re@a Bh; quewe angulum ABX, hac Bh'&
continuata A4 comprehenfum , bifariam {ecat recta utringue, conti-
nuata ZB8z%, quatenus hinc ultra B verfus Z, inde ultra L, ubi redte
AL ipfi Bh per A parallele occurric, vcrlius‘:, extenditur (de ejus
parte BL vid, §. 132.1q.), Locus eft (§, ¥68.1q.), ad quem fang

19, VL‘HiCL‘S (I’, ]), R4 communi 4 ()p}?()“[i, I)ll]',‘,l”c]()g:n\m“)0,
rum ADGN, /I[\’/"Fs Adgn s quz, ducta per alterum 1‘<:L“m:‘_f?/,x’ ex-
tremum A recte Bh parallela Vv, pariterque ultta A4 continuata B4,
in angulis 74X m-dx, angulo hBX wqualibus (I, 29, 14.), fieti pof~
funt, fic ut contigna ipforum latera invicem differant data A5

2° Vere
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2°, vertices tertii G, P, g triangulorum ADG, ARP, Adg, cit-
ca communem verticem 4 conflicutorum, quorum anguli ad fecundos
vertices D, P, d, redte 45 in direGum jacentes, funt dato ABh xqua-
les (I, 29.), & quorum crura circa hos angulos data 4B invicem dif-

ferunt.
Seirirsoy

Ambos Locos (§. 132.1q 171.) una Propofitione- fic licet comple-
&i: Siapundto ad redtam pofitione datam ducatur redta in dato an-
gulos dataque (it {fumma vel differentia recte hujus & fegmenti dato
puncto adjacentis, quod ea ex reda pofitione data abfcindit; tangit
punctum rectam pofitione datam,

e

Jifariam in C {fecta 4B, & 'per C ducta rectee Bh parallela CE ad
occurfum usque recte ZBz, angulum hBX bifariam fecantis, in £: fit
CH=CB=4C (§.169.); ideoque angulus AEB rectus (§.126.137.);
& hinc AP > AG (§. 126.), dum CR > CD, proinde (§. §4a 166,)
AR+ AP~ AD+ DG,

Parallelogrammum vero ARPT elt S ADGN, & triangulum
ARP> ADG, per Lib. 1. Ax. s,

Generatim igitur parallelogramma inter eequiangula, quorum la-
tera contigua zque invicem differunt, ejus, cujus perimeter major eft,
area & diagonales homologe, feu que vertices angulorum refpective
zequalium jungunt, majores funt: pariterque triangula inter, quorum
unus angulus wqualis, & quorum crura (latera circa hos angulos zqua«
les) =que invicem differunt, illius area & bafis majores {unt, cujus
fumma crurum eft major,

Db 287
Bafin fey tertium latus 4G cojuslibet trianguli non 2equicruti
ADG majorem effe differentia 4B cruyum ejus A0, DGs proinde &
diagonalem utramque parallelogrammi cujusvis non xquilateri effe dif.
ferentia laterum ejus contiguorum majorems reducitur ad Propofitio-
aum I, 17. 19. Corollavium: quod trianguli obtufanguli latys oppofi-
im angulo obtufo fit yeroque ejus reliquo latere majus; cum, ab
majori




majori crure AD abfeifh DB — DG, trianguli xquicruri RGN aney-

: = JER 7 S
lus DBG ad balin (ic acutus (J, §. 17.); ei igitur deinceps politus
ABG obtulus (I, 13 ).

Nty

Ut fub dato quocunque angulo W defeyibatuy triangudum, vel paralle.
logrammuin , cujus lateve circa hunc angnlum differant vecta data AR, £F
cujus bafis, vel dingonalis oppofita angulo dato, [it velfe date K. majors
quam AB (§. 174 ) aguelis: bifariam in Cfe¢ta 45, tum ad BC in
conftituto angulo BCT—W, & ab ejus crure CTableila Ci'=CB=4C,
jungentur A%£, BE recte; & hxc utrinque indefinite continuabitue,
Ob angulum AEB rectum N l77)5 erit AE< 4B (I, L7100 tarfs
toque magis < K: & trianguli vel parallelogrammi deferibendi potitis
uno vettice A, atque uno latere in directum jacente cum A48, tertius
vertex debet efle ad reGam Z5Ez, ut differentia laterum circa angu-
lum W — BCK fiat date AB mqualis (S. 168.1q. 171.).  Tum ab con.
tinuata AE abfcifla 4S=K, idem vertex efle debet ad peripheriam
dirculi, centro A, intervallo 4S==K delcripti, ut bafis vel diagona-
lis oppofita angulo dato H (it date K xqualis.

Quare factis ceteris jam indicatis , defcribetur circulus centro 7
intervallo AS=K: im,r.a quem eri‘t tam punGum B, ob #58 < 1;(11,[,1),);
quam punctum L, ubi rectx CE per 4 duda parallela AL continuate
RBE occurrit, ob AL;A/}’ (S.127.), ideoque pariter < K; & quem
proinde recta BL utrinque producta in punctis @, g ad partes BZ, Ly
{ecabit. Tum per punéta G, g dudtis recte CK parallelis GD, gd ad
occurfum usque recte A5, pariter utrinque produdtz, in D, 4: finiane
cur griangula 406G, Adg; vel parallelogramma ADGN , Adgn,

ADG e 2 Do
Sic erum Adg }::HL E (1, 29.) = W (conftr.); fz,“_ﬁ(i% = 4B
(5. 168.); ’5“% = AS=K (conft.)

Ceterum ob /*.‘(I-:‘Fg (I, 47. Cor.); ideoque, per punctum & due
Qa recte AB parallela ﬁf ad occurfum usque reCtarum GD, gd in p £
Eb== Ef (I, 29- 16‘.); itaque CL):1:( d (1, 34.); & hinc;‘wquuhblli
AC, BC additisacfublatis, AD=DBd==dg, Bl)=— G- 44: trian-

gula ADG, Adg ac parallelogramma ADGN Adgn fivu {olo diverfa funt.

D 8. 176,




N AT

+ Ad Problema precedens per oblervationem §. rgo. reducitur con-
freucio 'parallelogrammi obliguanguli, cujus angulus, differentia  duorum
laterum contiguorum , €9 diagonalis ex angulo, dato dufte, eaque major
differentia data loterumn , dantur. ;

Manentibus ceteris §. 175, fiet tunc angulus ACY = angule dato
(I, 29.

et

Juxta S, 169.1q. 171. Problema §. 17¢. etiam folvetur: ad datam
AB ejusque extremum B facto angulo ABh = ; tum du&a ZBz re-
&a bifariam {ecante angulum hBX vel ABH, deinceps pofitum angulo
ABh; & per punéta (7, g, ubi circulus centro 4, intervallo = date K
deferiptus rectam ZBz {ecat, actis rectee Bh parallelis ad pccurlum us-
que continwate A4B5.

IDasi1z8:
~ 2 Re&t.— 117 "

Ita fic angulus ZBX — TR T Rect.— 2 /; funtque anguli
BGDY) — 7P ARG (o
‘Bydg_ ZEh (1, 29.) = ZBX (conlftr.)

Quare juberi etiam poteft: ut ad continuatam 4B in B fiat angus
lus ZBX = femifli {fupplementi anguli dati ¥, vel == complemento
femiflis anguli /75 tum in pundis G, g, ubi circulus centro 4, inter-
vallo == date K defcriptus rectam ZBz indefinite productam {ecat, ad

re¢tas BG, Bz conflituantur anguli l}'}.{‘fﬂ =3

Hoc moda, data bafi, differentia laterum, & angulo verticis,
triangulum defcribere, omiffa determinatione & duplicis folutionis men-
tione, docent GHETALDUS (p. 336.3.), THOM. SimpsoN conftructione
altera, quam tradit (p. 289+)e

§. 179
Triangulo reangulo ADG (Fig.37.) juxta §. 175, 177. {g. defcripto,
cujus differentia cathetorum datee 4B, hypotenufa date K majori quam
AB ®qualis eft; exhibentur dux redte 4D & DG feu DB, quarum dif-
ferentia, & lumma quadratorum ab ipfis dantur.
Pro-




S sv—— 27
Y i2e 40.) differentia AB laterum
e N1 quadvoti aqualis fimnme ipfovium quadyazoryy,
; eu propofite refte AB aliam in diveGum Jic adiic
quadyatus compofite ex data AB €3 adjeita fy0
¢ dore’ HI; immediate etiam fic determinacyy

duorum quadya-
rorumt, ¢ :

siire eovum

N
aqualia_fint quadrate_yect
ac {olvitur,

Factum. fit, ‘quod requiritur, in. directum adjiciendo datee 4B re.
Gam. BFD; h, e, fic 404+ BDY= HI%

Ob 4D > 4B, igitur AD%, ac tanto magis 4D+ B¢ > AB;
debet effe HIS> A4BY, HI> AB.

Cum, bifariam in C fe&a 4B, fit. 4194+ BD?— 2(CDY+ CBYy
(Il -100: oportet, fit 2(CDHCEY == H19=4KI% (§.13.), pariter in K

bifariam fecta HI; & CDY(CBY =0 K
Fa&o' ifdque triangnlo ‘rectangulo, cujus hypoteny quadratum

=2 K1, & cujus unum latus circa angulum redtum — datee CB ¢

+1

ejus
alterum lacus circa angulum rectum exhibebit ki 470Dy ‘.L‘mil'u,mn
mam defideratarum AD; BD (5. 74+14.); & allignabic punéum D,
Hinc fequens fluit conftructios Bifariam: in punctis C, K fecentur
redte date 4B, HI.' Cum {it Al >ARB (determ.); eft KIS CB.~ Ab
perpendiculo “CF'== CF, quod recte 4B in puncto ( ducatur ,” produ-
¢to ablcindatur £F = K7 ; & per pun&um F agatur redte 4B parallela
FG ad occurfum usque recle £5 c ntinuaiz in G.  Ob angulum
FGE=CBE (I, 29:), & angulum CBE=CEB (I, 5. ), erit angulyg
_1!’;‘ k- fj”vl,v’,.(l'; FG jl‘["(l’, 6): 1}‘!”)"7' /['fl'!* (]w ,‘7) == 21’&‘[" (((),1“]')
Tum, cum {it CK=CAB, & angulus LCE rectus (conftr.); centro f
intervallo £G defivibatur circulus: qui, ob EGS EB, fecabit \'L’Cinu:
CB productam (§.126.) in D) punétos quod fuisfaciet propofito,
Ita enim AD 818 = 2(( DU4-cB%) (1%10.) :((’1')(]—-}-('/2”) (Condtr.) =2 gpl (T,47.)
= :l,\’)q\cm:lil'.) =4 (conftr. & dem ) =_;[\-1‘l (uu“ﬂl') i
= ! (conftr. & §. 13.) ;

Fademque pariter va'ent de alter 3
Eademque pari 1 P acte pundo d, i quo rectam CA
productam fecat circulus, centro &, inrerya)l EG 5 EB), idlebque etiam
NI duﬁ.:‘ipll st &4 ob Cl/*"(‘[‘ 32043 5 A1 CQQUEEC &
h 40 > gl Soprae =L (1, 47. Cor,), rurfus funt
Ad == b, va=4l),
D 2 §. 130.
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§. 180.

Fidem Problemati {olvendo (fimiliter ac §. 138.) adhiberi etiam
poffunt propofita §. 114.14q. 158.1q.: juxta quz, i (Fig. 41.) ad pun-
Gum D usque facta efle ponitur imperata re@x date AB continuatio,
& DO = DB abliffa ab produ@a 4D, ut fit A0 = AD+BD;

elt A0V ABS = 2(AD+BDY):
proinde, ut fit 4D+ BD=HI", debet efle A0+ ABY=—=2HI%

Unde, cum dentur 4B, HI; inventio recte A0, & tum punéi D,
rutfus reducitur ad confectaria Propolitionis I, 47.

Nempe ab producta B4 ableifla BI, — HI; atque in puncto I,
du@a recte BL normali LM =RBL~= HI; tum juncta B re&a: elt
BMe—2HI% (1, 47.). Tum, qued ob BM > BL, tantoque magis
> BA fieri poteft, conftructo triangulo rectangulo, cujus hypotenufa
. BAd. & uvnum latus circa angulum reGum fit AB; ideoque rectm
AB in A conftituto perpendiculo, quod circulus centro B, intervallo
BT deferiptusin IV fecec: ob AN AB=—B N1, 47.) = B =2 HI*
( conitr.), erit AO — alteri catheto AN wianguli BAN: atque ob
ANS + ABY = LA + BLY (1, 47. & confir.), & AB < BL; erit
AN~ LI feu BL, tantoque magis ~ AB. Ab qua igitur produca fi
ableindetur A0 ==AN; & refidua BO bifariam in D {ecabitur (5. 51.):
fadum erit, quod jubebatur.

Sic enim 1<A‘1L)q—§-igz;> = (1“}4‘1)0)(] "I"(J(ID""‘DB)'l (§.114. 158.) = {1;\):‘%“” 48"
= BN (L 47 ) = Bm® = 211" (conltr.)
ideoque - 4D%4-BD? = HI%

N

Altero hoc modo , data bafi trianguli angulum yectum
dente, & differentia erurum, invenire triangulum (fimili ac S. 146.
priemiffa analyfi & adhibita conftuctione) docer GHETALDUS (p. 92.{4.)s
Pariterque cel. van SwiNDEN (p.487- 1g.) parallelogrammum rectangu-
Jum, cujus dancur diagonalis & differentia duorum }’dtCl‘Ul‘-l contigui-
fimiliter ac §. 146, illud, cujus dingonalis & fumma duornm la.
guorum dancur, deferibi indicate

{ubten.

o,
terum cont!

Q. 182,
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§s-182,

Prater Prpofitionem ex utraque 1X. X. dedn@dam §. 5. 119,
qua Problematum §. 137. 179, folutiones pofteriores §. 138. 182, ni.
tuntur ; applicando Propofitionibus IX X, quz obfervantur §. 30. 54,
ex utaque etiam confequitur: duarum inequalium redarum quadrata
fimul dupla efle quadratorum ex ipfarum {emifumma ac femidifferen=
tia; eoque redeunt eorundem problematum folutiones priores §. 137.
179, qued in ipfis etiam indicatur.

§. 183,

Quodfi_porro obfervata §. 52.{q. ad Propofitiones 1X. X, applican-
tur , ex iis fequitur: Si tres recte fint continue arithmetice propottio-
nales; quadrata extremarum fimul zquari duplo aggregato ex quadra-
tis medize, ac ditferentiz ucriusvis extremarum & medix compofico.

Qua propofitio terminis wntum ab prcedente §, 180. differt,
per obfervata §. 54. §6.

§s. . 1844
Propofitiones 1X. X. fimili etiam modo, quo Propofitiones V., V1.
§. 59, uno enunciato poffimt cpm;)reilctxtli: St (Fig. 42. 44.) re@a
(AB) bifsriam (in puncto C) fecatur; atque in ea vel ipfa, vel pro-
ducta, puné@um () pro lubitu fumitur: quadrata re®arum (4D, BD)
puncto hoc (‘/)) atque extremis (4, B) recte date (4B) terminatarum
dupla fimul funt aggregati quadratorum duarum reGarum (CRB feu C4,
& CD), quz ab puncto bifectionis: (C) redw propoiita (AB) ad alte.
rum ejus extremum usque (B vel &), & ad pundtum arbitarium D)
protenduntur,
§. 185

Reda AB (Fig. 43.) in inzqualia utennque in pundto D divif
ab majori {fegmento 4D abfcindatur DL == minori DA,
bifariam in C fecetur. bt
0kt . DL = 2(ACI4-CDY per I, 105
ideoque, ob DL=D5, CURTL AD +‘,)>/‘q—‘: 2(1?("'—}4(.’/,‘1))3ppzn'iwr ac in
Fig. 42, juxta Il 9. quamyis nunc (Fig. 43.) pun&eo C bifariam haud
fecetur recta 4B

:’l;

& reflidua AL

C




e

AC (Fig. 433) =2 4L 22D AR ooy Gilkit Tomi.
differentiam fegmentorum mtqu.lmm 4D, Db, quam in Figi 42. ex-
hibet CD' (§.30.): & CD (Figi43.) == CL+DL=1AL+ B — 1 AR
fiftic fegmentorum 4D, DB lcmllumnnm, quz in Fro. g2, ceft e,
‘Quare affertum A D4DBY= 2(ACI+ CDY) Fyg, 43. conforme’etium
eft communi Propofitionum IX."X. enunciato §. 182.

§. 186,

Re@x AB (Fig. 45.) in direGum aducmtm quacunque BD; &
denuo redx 4D, re¢ta DL = BD; ac bifariar in C {ecetur tota AL,
Erit ADS DL = 2(ACHCD?) ‘per Il;9;
ideoque, ob DI==DB, etiam AD4 Bt = 2( AC'+C1Y), pariter ac in
Fig. 44. juxta I, 10, quamyvis rurfus 4B (Lig. 45.) bifariam puncto C
non {ecetur,

Permutatis etiam 4C', CD, utrumque AD4-BD = 2(AC+C'DY)
Fig. 44. & 45. continetur propofito §. 180: quippe AC ( Fg. 45.)
e e— __~_./m+”[ il (conftr,) fiftic {femilummam recarum

BD, 4D, adjcﬂx {cilicet & compofitze ex data 4B & adjeda; quam
in Fig. 44. exhibet. CD (S. 55.): & CD (Fig. 45.) = f.’frl’f_ (. 30.)

AD—BD g J3T0LL g \
= === fiftit retarum 4D, BD {emidifferentiam; quae i Fig. 44.
2

eft AC.

Oy 1gy.
Viciflim vero bifariam re&am AB (Fig. 42. 44.) {ecat pundum C

fic in ea fitum, ut duplum aggregatum quadratorum ex rectis C'4 vel
C4, & CD h(l(num, quorum una CA vel CA iplum inter C' pun-
@um’atque alteruni redte A8 extremum, altera €D, idem punctum €
inter atque punétam D alibi- in redta 4B dpla, vel produdadumtum
interjacent, wquale {ic quadratis rectarum 4D, BD), qux hine puncto
D, inde extremis 4, B vecta 4B terminantur: dum, utiin ipfis Pro
pohrmmbus IX. X, re@ta CD éft rectis CB, CA minor, quando pun-
Gum D jacet in ipfa AR ; fed CD major quam CB, €A, li punctum
D eltin LJ]U(.‘“LL ARB, ;

Sit




=S 31

puncto 1) jacente ad
eas pun&i L partes “d (luw elt [Um 1 B. \quo calu per-fe eft
CD< CB, dum punctum D ett in ipla 45 (Fig. 42.); ded CD> cB,
quando punctum D {umitur in ;w.udu_..A AB (Fig. 44.)-

Ob CBi+ CDY=— DB+ 2rectgfub CB & CD (Ll 7:

Sit enim 1°.

erit
ADY-BDY=2(CB DY (hyp.)=CB DL 05‘14—"&:. (.;1:('1:&01)
At =0Bpcn? ot CB&CD=(CB+cDYy (L4

Unde 4D= CB+4-CD; & AC=CB.

29, Sit ADBD = 2(CA4+-CDY), punctis D & A4 jacentibus ad
partes oppofitas puncti C: fitque CH < CH; quande punctum’Z) in
ipfa AB jace (Fig.42.)5 fed CO>C4, fi D elt in produdta 4B

g,
ke (‘)rLt )x//)'l = O A4+ CDY+ 2redtg fub CA & CD (11, 4.3
erit CAp0D zre@ty fubCA&CDA-B 9= a0 +BDI=2(C4%-c0Y) (hyp.)

2recty lubCA&CD4-BDY 4%y op®

B ;:('31']"{-i'I)"’-ZI‘Cﬁ;;.ﬁx]) e
2 N9

Hinc Fig. 42. ubi CD<4C4 (hyp.)s BDY =(4—0D)" (5. 86.)
£D =04—(D

¢D4-BD h.e. CB P
Et Fig. 44, ubi D04 (hyp.); BDY =(CD—Ca) (5. 86.)
: BD =CD—C4
HA00 =D . ; & CA=CB.

§ - 188

Pofteriorum cafuum demon mn'm immediate etiam ope Propofitio.
nis VIL. petfici 1)0_‘~‘ul't Quippe in Fig, 42, abC “’\‘ CD (hyp.) abfeifly
Cf = C/); & in Fig, 44, continuata C4 < LI) (hyp.), dogec
PR
Lk e A& CDARD'=CA+CDY (Demonts. 5,187, 1. 2., el
& //}‘L‘I’ =04 "‘JI ¢1%; &'in Fig.qq. 24E8. +BDY = ¢49. J-c53

= 4l'4zac1 48 adis (A4 7)

in rig. 42.

Unde BD = 414 B — 4"

BD = Al BD =458
& ks BDACD = 41401 CD—BD = ¢S—AS
{s S CB = ¢4 CB=C4

E §. 189,




189.
‘ne etiam poflunt ad diredlas Propofi-
8, quarum converlasipli exhibent, reduci,

mpe

obCl=CD{ L+ eDYar,10)) q 0 A19
q : == A4 D% BDYWuyp.); ideoq, —BD4
& ob CS=C( 2(C4A% oDy, ‘/)) 5 Ty 'Aj'q

Unde reliqus {equuntur, uti §. 188,

§. 190
In cafibus analogis converfarum §. 6o. per conditiones ipfas
ADB 4 CI'= CA" (Fig. 6.42.) , ADB+CA% = CD4(Fig. 9. 44.)

eft CDe<CA1, CD<CA, quandopunétum Dinipfa 4B fumitur (Fig.6.42.);
& CDixCA1, CD>CA, fi punétum D (umitur in produ&ta 4B (Fig.9.44.)

Ceterum praemiflze demonftrationum ex Propofitionibus I, 6. o
ibi deducte,

DA+ Cl'= CA" (Fig. 6.42.), SAD+CA ==CS" (Fig.9. 44.),
ambz etiam ex Propofitionis 1V. enunciato §, 20, confequuntur.

-

N

In alteris earundem converfarum §, 6o. cafibus, qui prioribus
§. 187. refpondent, pariter atque in his (Demonftr. §.187. n° 1)t
praterea fimiliter ac §. 190. per ipfas conditiones liquet: pundto D
in ipfa AB fumto (Fig. 6.42.) efle CHD<CB; & puncto D) jacente in
producta AB (Fig. 9. 44) efle CD~ CB. Sed uon xque conftat de
rectarum C1), CA ratione mutua, quam conftructionum §, 6o. 188,
ad hos cafus applicatio fupponit. Immediate vero eorum demonftration
nes pariter per Propofitionis IV. enunciatum §, 20. ne@entur. Nempe
§i (Fig.42) ADB- 0= BY 5 &(Fig.44) ADB+CBY%e= 0D

eum (§.3¢) fit CBY  —oply(0BY.CDYDE ¢D%  =CBH(CD+CB) DB
fiy ADBA-CD= ¢Di\-(¢B+CD)DB ADBA-CB = CB'4(€D4-(B)DR
ADB = (CB+CD)DB ADB = (CD4-CBYDB

AD == CB4-CD AD = CD-}-CB

AC = (o] AC = ¢B

§. 192
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Ibidem §. 6¢

& §. §: 0}

I Qux §.41.8 & ¥
ften, Il Th. I Abth.

4 I
thodi, quam vocant 1

II.C Admiflis A ¢ i

N

172 % o< Chord, L11
C=1Irxce Chord. } ¢

II. Regulx §. \
extenfe fallunt,

IV, In parte fe

tur, xquipollere {yn

NP |

B A

S

9 F 9
QP

M L
B DA
I
o]
—A (
1493
\
31D O
I.




——— 2

§.. 192.

Quamvis autem particulares conditionum §, 6o, expofitionies de.
terminationem §. 187. neceffariam haud requirant (§.qgo, 13.) ; gene-
rali tamen propofitioni, utramque converfam indeterminaa differen-
tiz quadratorum ex C’Dc‘{c CA vel CB mentione compledtenti, adjuna
gendum eft: “dum, conformiter fuppofitis denmn(h‘ntorum, & condi-
»» tionibus Propofitionum direGarum V. VI, CD recta minor eft quam
» CB, Cd4, quando punctum D in ipla 4B jacer; fed Cp major
» quam CZ, CA, fi pun@um D eft in produ®a 47.”

Ex Prep, VI enim ad conftrucionem §. 1g5. (Fig, 43-) applicata
{equitur

q
DN, nn e, |
& ex I’m}j;})’} applicata :1dccf1mﬂ‘ruaionem §- 186. (Fig. 44.) prodit
2 e (60 =0
apptopi={Che ADB=ca_cps,

Ibidem §. 6o. lin. 2. loco 256, legatur 274,
& §. 82. lin.6. — 179, _____ 185, 5

THESES.

I. Qux §. 41. {g. Lehrbegriff der gefamten Mathenatil von Rar-
ften, I Th. I Abth. p. 117. fqq. traduntur, genuine expofitiones me-
thodi, quam vocant, exhauftionis feu limitum non {yne,

IL Admiflis expreflionibus ol T =1 (p. 118.),

C o Chord. -13‘1
5 i:c—Ch_o—*‘rd.g,If:' {p. 120.); confequentipe [T — co Chord, 111,
€ = Jr*xoc Chord. LM, recufari non poflunt,

111, Regulxe §. 157, p. 132, ad ea, quz §, 21, 24, preecipiuntur,
extenfz fallunt,

1V. In parte fecunda §, 59. p. 134.fq. non oftenditur, fed fumi.
tur, xquipollere fymbola 47 & '\"/n.

V. Inde
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Seadroas e i !
Quamvis autem ;)arti51:}an'cs conditionum §, Gg. expofitiones de. |
terminationem §. 187. neceflariam haud requirant (§.19c, 19.) 5 gene- oL e
rali tamen propofitioni, utramque mn\'er!n.m indeterminata differen- ‘
tiz quadratorum ex CD & CA vel CB mentione complectenti, adjun-
gendum eft: “dum, conformiter fuppofitis demonftratorum, & condi.
s> tionibus Propofitionum dire@arum V, \jI, CD_ recta minor eft quam el 07
» CB, Cd, quando pundtum D in ipla 4B jacet; fed CD majar \’]‘ i PN 7 - S 34
» quam (0, C4, fi pun&um D eH:_ in meIu&n AB> e 7
Ex Prep, VI enim ad confiructionem §. 1g5. (Fig. 43.) applicata
{equitur

w
s

ADL+CLY) 1. — o q. a A 2
memq}A CD%; ADB = CD'_Cp1;

& ex Prop. V. applicata ad conftructionem . 16, (Fig. 44.) prodit GE e 5 f g ;

AD1Y opa {w- ADB==CAr_Cpn a6 7 el LDy

ADBf —oay ETE sl | ; ¢ LoD \ ¢ B 1)/1‘ ;

Ibidem §. 6o. lin. 2. loco 256, legatur 274, e B D . 71 |

& §. 82. lin.6. — 179. —___ 13y, : z 3 y 2

: oA T ( DB

T HES:ES. |

P y S Y Y <

L. Qux §. 41.1q. Lehrbegriff der gefamten Mathematile von Kar- | :
ften, 11 Th. 1 Abth. p. 117.fqq. traduntur, genuinz expofitiones me- SRR / B / i
thodi, quam vocant, exhauftionis fen limitum non funt. | I ph o -t
I X N o o XA 3 .

S 1 e 118, | o
oo Chord. LIT < ) | e 0 :
L {p. 120.); confequentioc IT == oo Chord, 111, | s

IL  Admiffis expreflionibus
C

T
37" X o< Chord, LTT
=X Chord. LT, recufari non poffunt.

\
I Regulx §. 157. p. 132. ad ea, que §. 21,24, prcipiuntur, L ¥
extenfic fallung,

V. In parte fecunda §. 59+ P 1344 {q. non oftenditur, fed fumi-

r, xquipollere fymbola oW & 1"/rr. Ind
« Ande




V. Inde vero non confequitur, quod in tertia parte p- 13§, in-
= n

fertur: effe o™ ==4/(™)5 fed tantum effe (a™)" =

2™y,
/

n

1
VI In §. 6c. p. 135.1q. tantum. efficitur. effe .4/ (a™)==(a")™,
L

Ly
pofito 2" ==4/a,
VIL. Hypothelis igitur mauer, non ut confequentia valet,
s

ak
VA
VIL Qux §. 66, p. 141.{4. premiilo demounftrationis titulo pro-
PR ~ . L
onuntur, poftulati feu hypothefis: a=™ idem denotare quod —; cons
5 P YE g

a
formitatem folum cum fignificatu figni (—) alias aflumro explicant;
neceflitatern non {tabiliunt.

X. Et §. 670 p.143. poltulatur: regulam §. 55. 66. pro exponens
rqualibus demonftratam vel fumtam ad exponentes.etiam equa-
les extendi.

X. Multiplicationis rationum tanquam compofitionis ex partibus
aliquotis confideratio, ¢idemque adaptata illius denotatio, §. 330125,
127.19q p. zo;.qui wquivocw , nec fei ipfi congrux funt. Ut non

m

feribitur 0" —na, 0 ==1La, av= 45 nec pronunciatur, efe 2"z vi-

1 m
cibus majorem quam a; " efle ¥ ipfius a3 an efle 2 iplius a: ita
n

etiam fignis 4": B'z=nu(4:B), 4/ A: 1“/13‘: s(A4:B), v/ A" :8/ B

Mmoo om
feu Ay pu== m( A B);5 expreflionibusque 4": B" efle » vicibus ma-

0 n m m
jorem quam 4: B; 4/ A4:4/B effe L rationis 4: B3 A» : Bn effe 2 -
tionis 4 : B, abftinere, in Elementis certe tradendis, convenit,

X[ Tuwm nec opus eft, de difcrimine rationes. inter earumque
exponentes (§. 128 ) precipere.

XIL Exemplum fallaciz conceptusiillius prabet §. 1 24 N°, 2.p.204.

Xill. Nec fatis liquet §. 136. p. 212. quare ex pramiflis haud in-
feratur BXC: 1 = 2(p: 1),

X1V, Pariter Elementa commode carere poffunt quaftioneillinc de.
rivata de quantitate ac menfura rationum (§. 120, f4q.). ambiguitatibus
& tricis (3. 138. Zul 2. §. 140.) obnoxia

£t et e il




e ——

V. Inde vero non confequitur, .quod in term parte p. 13§, in-

m
fertur: effe a" = ’\/(tt )5 fed tantom effe (u"“" =4/(
1 R
VI “In §. 6o, p. 135.1q. tantum. efficicur, effe 4/ (a™)==(a" )™,
x n
pofito a® == 4/a,

VII. Hypothefis igitur manet, non ut confequentia valet,
n

m
ARR=—— A/ g™,

VIl Quz §..66; p. 141 premiffo demouftrationis titule pro-
ponuntur, pofltulati feu hypothefis: a=™ idem denotare quod :,,;, coll=
formitatem folum cum, fignificatu igni (—) alias afflumto explicant;
neceflitatemn non fi-lnlmnr.

Et §. 67..p ;e poltulatur: regulam §. §5.66. pro exponena
tibus inxqualibus de mumtmtxm vel fumtam ad exponentes etl:im xqua-
les extendi.

X. Mult xphc.xt.oms rationum tanquam compofitionis ex partibus
aliquotis confideratio, eidemque ‘adaptata illios denotatio, §. 123. T2
127.19q. p. 203.1q9q.“equivoce , ‘nec fei ipfi congruz fuut, Uti non

1 m
feribitur a" = nn, a"&==fa,"aT=="y} nec pronunciatur, ele a"n vi-

L m
n 4

effe ipfius a3 av efle 2 ipfius a: ita
n n n n
etiam f'"nis Al s BlE= (A BY, <A A2/ B =R A B), A/ A" : A/ B

fou A b“ S0 ALY C\px eflionibusque 4": B" efle » vicibus ma-

m n

cibus majorem quam a; a

jorem quam 4: B; «,/ A \/13 efle & rationis A4: B; An : B effe 2 ra-
tionis 4 : B, abftinere, in Elementis certe tradendis, convenit.

XL Tow nec opus eft, de difcrimine ratioties. inter earumque
cxpunentcs §:128.) prxcipu’g.

X1l Es unplllnl fallacize coneceptus illius prabet §. 124. n°, 2, p.20.

Xitl I\cg {atig liquet §. 136. p. 212. quare ex ph\.llll“h lnud

feratur BXC: 1 = "(p: 1),
X1V, Pariter Elementa commode carere poflunt quaeftione illine de.

rivata de quantitate ac mcnlum rationum (§.120.14q.), ambiguitatibus
& tricis (5. 138 Zuli2. §. 140.) obnoxia.
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